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Doctor of Philosophy

MANY BODY PERTURBATION THEORY USING A RESTRICTED
OPEN-SHELL HARTREE-FOCK (ROHF) REFERENCE FUNCTION

By
WALTER JOHN LAUDERDALE
December 1991

Chairman: Rodney J. Bartlett

Major department: Chemistry

, One of the most common reference functions used for open shell molecules is the
unrestricted Hartree-Fock (UHF) reference. While this reference is useful for many
molecular systems, it can sometimes suffer from the mixing of higher multiplicity
states into the state of interest. This phenomenon is termed spin contamination. A
number of projection techniques have been developed to correct the UHF reference
at the SCF and correlated levels. General implementation of gradients for these
projected methods, however, can be complex and computationally expensive. Nor
are such methods rigorously extensive, as required for many-electron methods. These
facts limit the usefulness of these methods.

This work presents the development of an alternative approach. Rather than
attempting to correct the deficiencies in the UHF reference, we start with a reference
(ROHF) which is an eigenfunction of spin. The treatmenu of electron correlation is
introduced using many body perturbation theory (MBPT), which is perhaps the most
efficient way of adding the critical effects of electron correlation. This development

is taken from the coupled cluster (CC) perspective. While otl,lkzs have used this
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reference to conduct MBPT calculations, we present a more general derivation which

avoids one of the drawbacks of previous work, namely the requirement of an iterative
solution for the wavefunction and energy. By exploiting the invariance of the CC
(MBPT) energy to rotations in the occupied-occupied and virtual-virtual spaces,
one can obtain equations which lead to the solution for the wavefunction in a non-
iterative fashion. Additionally, this derivation leads to an efficient formulation for
ROHF-MBPT gradients, also taken from the CC perspective.

This dissertation presents a new development in treating electron correlation.
First, there is the derivation of a general ROHF based MBPT for energies and gra-
dients. Second, these methods have been implemented through full fourth order in
MBPT for energies, and through third order for gradients in the ACES II program sys-
tem. Third, these methods have been applicd to selected molecular problems where a
spin contaminated UHF reference is known to give poor results for MBPT. For these
cases, ROHF based MBPT has shown considerable improvement when compared to
experiment or more complete correlation treatments. These methods therefore of-
fer an opportunity to conduct correlated studies on molecular systems and obtain

reasonable results when UHF based schemes would not.




CHAPTER 1
INTRODUCTION

Many body perturbation theory (MBPT) [1, 2] is well known to offer a highly
efficient correlation approximation for many problems in the electronic structure of
molecules. For it to be sufficiently accurate in low orders, however, the reference func-
tion has to offer a reasonably good approximation for the problem of interest. For
open-shell systems, unrestricted Hartree-Fock (UHF) has usually served as the refer-
ence [1, 2, 3, 4, 5]. Such methods which relax the restriction of having identical a and
B orbitals and can relax other symmetry restrictions have certain advantages, notably
in bond breaking situations. However, they also have several disadvantages. Besides
the frequent existence of several different UHF solutions, UHF functions are not eigen-
functions of spin, as they are contaminated by states of higher spin multiplicity. The
infinite-order coupled-cluster generalizations of MBPT like CCSD [6], and particu-
larly CCSDT [7, 8] and its approximations, CCSDT-n [9], CCSD+T(CCSD) [10], and
CCSD(T) and others [11, 12] have a great capacity to eliminate spin contamination
[13, 14, 15], but the efficient and inexpensive non-iterative MBPT(n) approximations
do not [1, 2.

Because of this problem, various UHF based MBPT spin-projected methods have
been developed (15, 16, 17, 18, 19, 20], where one or more contaminating multiplicities
are removed from the UHF/MBPT(2) solution. This procedure, however, is difficult
to apply in higher orders of MBPT. Furthermore, the spin-projected MBPT methods

will not usually be size-extensive. Also, since projection does not correctly preserve




order, ambiguities can occur in determining relative energy differences between open-
and closed-shell molecules at a given MBPT(n) level. Finally, building analytical
gradients upon such projected approaches [19, 20], an integral part of any widely
used method in quantum chemistry, is difficult for even MBPT(2) [20].

A much more general approach to eliminate spin contamination in open-shell sys-
tems is to start from a spin-eigenfunction, such as a high-spin restricted open-shell
Hartree-Fock (ROHF) reference. Such an ROHF based MBPT was proposed by
Hubac and Carsky [21], but has the disadvantage of redefining Hy as a sum of diag-
onal generalized Fock operators, which changes the meaning of MBPT(n) from that
in the usual canonical (Moller-Plesset) Hartree-Fock case and loses certain invariant
properties. An alternative route is to correct the reference via a generalized MBPT
that retains some of the essential elements of CC theory. This approach derives from
that used by Laidig, Purvis, and Bartlett [22] for localized orbitals, and a related ap-
proach of Wolinski and Pulay [23]. It is also a special case of the ROHF-CC method
originally proposed by Bartlett and co-workers {24, 25]. The approach of Laidig, et al.
[22] was primarily concerned with CC solutions, which unlike MBPT(n), are indepen-
dent of any choice of Hy. Hence, using a sum of diagonal Fock operators as Hp was
satisfactory for CC theory, but changes the meaning of finite order MBPT(n) results
and their invariance properties. The method of Wolinski and Pulay [23] retains the
correspondence to each order in MBPT with the canonical Hartree-Fock reference
case, but at the cost of an off-diagonal resolvent operator which requires an iterative
solution for the amplitudes. The cost for an iterative solution is modest, except that
to provide a high accuracy method, it is necessary to include the triples contribution
in MBPT(4). An iterative inclusion of this expensive N7 step would be impractical,
recommending a non-iterative approach. Furthermore, our approach is readily gen-

eralizable to any order of perturbation theory. Rather than a spin-adapted approach




as used by Wolinski and Pulay [23], our approach is based upon a spin orbital formu-
lation like the ROHF-CC [24] method which enables treating any order. This gives
it the projected spin eigenfunction property (ROHF |.§'2|\IIMBPT) = S(S +1). The
expectation value of ¥pgpr is not S(S + 1), though. Additionally, our approach
retains the invariance properties of MBPT/CC theory to transformations among just
occupied or unoccupied orbitals. Consequently, facilitated by the latter point, an-
alytical gradients can easily be developed for the proposed ROHF-MBPT methods
(26], built upon the recently proposed ROHF-CC formalism [27].

The remainder of this work will cover the theoretical development of ROHF based
MBPT energies and gradients through full fourth order. This will be followed by
representative examples of molecular systems where it is appropriate to consider us-
ing these ROHF based methods. In particular, the use of ROHF-MBPT(2) and
ROHF-CCSD gradients for geometry optimization followed by single-point energy
calculations through ROHF-MBPT(4) are presented. These results will demonstrate

the usefulness of this new approach to electron correlation.




CHAPTER 2
ROHF-MBPT ENERGIES

In this chapter, only the expressions for the correlation energy will be derived.
A discussion of the ROHF reference itself can be found in reference [28]. As the
starting point for the derivation of the formulas for ROHF-MBPT, we use the full
CCSD equations. In particular, the most efficient approach to implementing these
equations with symmetry has been shown to be the direct product decomposition
(DPD) method [29]. In the following, we follow the conventions that i, j, k, .
represent occupied orbitals; a, b, c, ... represent unoccupied orbitals; and p, ¢, r, ...
are generic indices representing either kind of orbital. The explicit equations for the
CCSD model in fully factored spin-orbital form are presented below.

T, equation:
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In the above equations, 6,, is the Kronecker delta, the denominator arrays (D)
are defined by
D} = fi — faa (2.11)
and

DY = fii+ fij = faa — fob (2.12)

and P(ij) and P(ab) are antisymmetric operators given by

P(pq) =1~ P(pq) (2.13)

where P(pq) interchanges the indices p and ¢. If we are using a Hartree-Fo ': refer-
ence function, then the diagonal elements of the Fock matrix are simply the orbital
eigenvalues. It is important to note that this places the diagonal pieces of f on the left
hand side of the equations; this means the diagonal parts of f., and f,; are excluded
from the definition of the corresponding F intermediates.

At this point, we can now extract the terms which are required to obtain the
correct solution for each order of ROHF-MBPT. In order to get the terms, we make
the choice that f;; is a first order term, while f,, and f;; are zeroth order terms.
With this in mind, we look at the total order of each of the contributing terms. The

expressions for the first order amplitudes are therefore

2Mpe = fo 4 Ztg(l)ﬂg) _ Zt;(l)fg)i) (2.14)
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The expressions for the second order amplitudes are
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The expressions for the third order amplitudes (neglecting triple excitations) are
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me
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e

If we have a Hartree-Fock reference function, then the F(® intermediates are all
zero, since the Fock matrix is diagonal. However, the o and 8 Fock matrices formed
from the ROHF eigenvectors are not diagonal, and so the F(® intermediates are
nonzero. For this reason each of the amplitudes must be solved for by iterating until
they do not change.

A more efficient approach is obtained by exploiting the invariance of the MBPT
energy to rotations among the occupied-occupied and virtual-virtual blocks of the
Fock matrix. We can use a unitary transformation to rotate the ROHF eigenvectors
so that they will now bring the occupied-occupied and virtual-virtual blocks of the
Fock matrix to diagonal form. The orbitals which have this property are called
semicanonical orbitals [30]. This transformation does not change the character of the
occupied-virtual part of the Fock matrix, however. These blocks of the Fock matrix
still have nonzero elements. However, their values are changed to reflect the use of
the new orbitals.

Using semicanonical orbitals we can express the T amplitudes as

First order amplitudes:



2 ps = f, (2.20)

ab() e .. _
1220 D2b = (| ab) (2.21)

Second order amplitudes:

ef(l
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mef
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Third order amplitudes:
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122®ps = P(ab) ) e 7D _ -;-P(ab D DA WFm
Z])Ztab (1)];-(2) z])ztub (1) Zt;(l)f’('}e)
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mbej

P(ij) 3- 1P (abllej) — P(ab) 3 t5, N (mbllij) (2.25)

These amplitudes no longer depend on themselves and hence correspond to a
non-iterative solution.
In order to get the expressions for the full fourth order energy, we need to examine

the contribution of triple excitations. The second order T3 is given by
a 2 abc ae a .
@b pabe  — P(3j/k)P(a/bc) Zt @) (bel|lek) — P(i/jk)P(ab/c) Zt b tc|ik)

Plab/) Yt @ PGkt P g (2.26)

m

In Eqn. (2.26), the operators P(pq/r) mean that p and ¢ may be permuted with r,
but not with themselves.! Similarly, for P(p/qr), p may be permuted with ¢ or r,
but not ¢ and r with themselves. The sign change associated with these operators
is given by (—1)?, where z is the number of interchanges. For example, P(pq/r) is

represented as

1The P(pq) operators defined for the CCSD equations given earlier can be expressed as P(p/q).
The slash is dropped since it is redundant; if no interchange occurred, then the operator would be
unity and could be omitted from the equations.




11

P(pg/r) =1—"P(pr) - Plgr) (2.27)
where P is the interchange operator defined earlier.

Once again we see that if we use the standard canonical orbitals, we will have
to iterate to get Téz) . For T3, this requires two additional N7 contractions and is
particularly expensive. Use of standard orbitals would essentially prohibit a full
MBPT(4) energy calculation except for a small number of basis functions. However,
using semicanonical orbitals eliminates the terms involving contractions with f. and

fmk- This simplifies the expression to

tfjb,f(Q)D:‘Jb,f = P(ij/k)P(a/bc) Zt“(l) (be|lek) — P(i/jk)P(ab/c) Zt“b( ) (mc||jk)

(2.28)

The additional terms arising from inclusion of T3 in the T} and T3 equations are

At®pe — y 125 @ mnllef) (2.29)
m'nej
ab(3) Na aef (2) abe .
At D = P(ab) Y ti] P mbllef) - P(j) 3 titePimalle)  (2.30)
mef men

These increments to Tl(s) and T(s) are the same as those obtained with a Hartree-Fock
reference function.

At this point, we can calculate the MBPT(n) energy using the expression

AE‘"’:Et“("’l)fa,+ S et 5 ab) (2.31)

ta t]ab

where n is the order of perturbation theory. A more efficient approach to calculating
the energy can be realized by exploiting the 2n rule of perturbation theory [31, 32|.
This allows the computation of the SDQ-MBPT(4) and full MBPT(4) energies with-

out using the full third order amplitudes. The fourth-order energy contributions
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arising from pieces of the third-order amplitudes formed via contractions of Tl(z) and

T(2) with F and W intermediates are given by

a a 0(2) ac(z) ac
2B = ¥ [0+ 3 (1] o+ 5[] o
abty :l]b:
+P(ij)P(ab) 3 fi; [tg(l)tg}‘” _ tg‘”tgf‘"] (2.32)
abij

where ”L” stands for linear contributions. Exclusion of the Téz) term in Eqn. (2.32)
gives the AE\" expression for SDQ-MBPT(4). If we eliminate these linear contribu-

tions from the equations for Tl(a) and T2(3), we need only compute those pieces which
are quadratic in the first-order amplitudes. The remaining pieces of the third-order

amplitudes are then

12 pe — th(l)fg) =St WFD L5 e p2) (2.33)

WDy = P T () - 1T e Or)

e

1
P(iy) z 12t ) (.7'-(2) + 3 E t;(l)fr(nle)>
e 1
+ E :T“b Owi; + Z 1w,

+P(ij)P(ab) Y (tae MW, — 12Dz O (mble;))

me

L1 Zta Wp@yym. 1 Ztemtf( Wi, (2.34)

where the "NL” means non-linear. It is important to note that the second-order
amplitudes do not appear in Eqns. (2.33) and (2.34). The equivalence of these
energy expressions is shown in detail in Appendix A, where an analogous algebraic

derivation of ROHF-MBPT energies is presented.
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The expressions for the semicanonical orbital representation of the amplitudes
were programmed through full MBPT(4). Those for the standard orbital represen-
tation were programmed through SDQ-MBPT(4) (fourth order without inclusion of
triples). This was done to provide a check on the programming of the semicanoni-
cal expressions. For several test cases the energies through SDQ-MBPT(4) were ir
agreement to nine decimal places between the two different orbital representations.
This check ensured that our implementation was correct. These methods have now
been included in the ACES II [33] program system. Results from calculations using

these expressions are given in Chapter 4.




CHAPTER 3
ROHF-MBPT GRADIENTS

The development of gradients for a theoretical method is important if the method
is to be routinely applied to chemistry. Searching the potential energy surface of
polyatomic systems is generally an intractable problem without ready availability of
gradients. Therefore, in conjunction with the development of ROHF-MBPT energies,
we also present the theory for ROHF-MBPT gradients through full MBPT(4).

In general, the derivative of the energy can be given by

OE[c(x),C0), I0)) _ 9E 9c | 0EOC  OF 0T
dax " dcdxy  0CHx Ol ox

(3.1)

where ¢ represents the molecular orbital coefficients, C the determinantal coefficients,
I the one- and (wo-electron integrals, and x is the perturbation. For a CC or MBPT
method, all of these derivatives are required. If we consider x to represent nuclear
displacements, then this equation suggests that we need to solve for 3N molecular
gradients (N = number of atoms). In practice, it is possible to determine dc/dx by
using the Z-vector method [34], which replaces the need to solve dc¢/dx for all x with
the solution of a single, perturbation-independent linear equation. In a completely
analogous fashion, the solution of 8C/0x (or 0T /3x) for each x can be avoided by
solving the linear perturbation-independent A equations [35]. This particular devel-
opmcnt is critical, since without this approach. the need to solve 3N CC (MBPT)
problems would eliminate CC/MBPT methods as efficient choices for searching po-

tential energy surfaces.

14
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As with the formulation of expressions for calculating the MBPT energies using
an ROHF reference, we start from the gradient expressions for coupled cluster thcory.
The equations which will be used are based on the formalism of Salter, Trucks, and
Bartlett [35], as adapted to handle non-Hartree-Fock cases by Gauss, et. al. [27, 36].
As mentioned above, one important step in the analytic evaluation of the CC energy
gradient involves the solution of the A or ”CC response” equation, which completely

accounts for the first order response of the coupled cluster amplitudes to an external

perturbation. If we let i and A represent the A amplitudes, then their equations
are given by [37]

A, equations:
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m ef
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The F and W intermediates are defined by:

F intermediates:
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W intermediates:

Wesas = (efl]lab) — P_(ef) Zt‘ (mf]|ab) + = Z‘r’f (mn||ab)
1 ef
Wesas + 12 Z Tmin (M1 [[ab)

Wijmn = (ij||mn) + P_(mn) Et (t7]len) + = ZT” (efllig)
ef

Wijmn + 7 ZT"” (efllss)

Wejmp = (ejllmb) + D1 (ejl| £b) — Zf (njl|mb)
7

+ ) (ted, — thee) (nill £5)
n o

Wejms + 5 ZZt (njll £5)

16

(3.3)

(3.6)
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— — 1 .
Wiemn = zellmn Z f.tft Z tzwiomn + 5 Z(zellfg>T1{1€1
° Is

+ P_(mn) ) t! Wign + P-(mn) 2D (iollmn)t;] (3.9)
7 o f

— — 1
Wesam = (efllam) + 3 Fuatil + 20 th Wesag + 5 3 _{am|Inory]
n g no

— P_(ef) T t:Wagam + P_(ef) T X (enllag)tts, (3.10)

with W given as

Wases = (mblleg) — 32 3 18 mnlle ) (3.1)

n f
For computational reasons, it turns out to be beneficial to define the G interme-

diates as

1

_sz: mn a.j (312)

N>

i = —Zth,{n/\;'} (3.13)

n ef

These equations hold for all types of single determinantal reference functions be-
cause they explicitly include the non-Hartree-Fock terms. We can therefore follow
the same prescription as for the energies and show which terms are needed for the A
equations of MBPT. In the following equations, we will only be deriving expressions
for use with semi-canonical orbitals.

First order A; and A, equations:
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Ups = g, (3.14)

)\'J( ) = (ij||ab) (3.15)

These equations look very familiar since they also define the first order T} and 75
amplitudes.

Second order A, and A, equations:

o = T Vinllaf) + 5 DI IELAU TS ) DR

mej

— - Z Y amnMwl)

mn €

— th(l)(m”af + Zz/\zm( ) ef”am) +ZE’\?(1)<ei”ma>

mef

- —ZZ)\"‘"(I) (mn]|ie) (3.16)

mn €

ii (2 i 1 mn ‘A7 N \ m
VA ZA"” WP + 5 2 NG OW, + P_(i) P-(ab) 30 Nz W,
+ P_(ij)P-(ab) N DFD 4 P_(i7) T XD (ej)ab)
— P_(ab) ¥ X2 (i mb)
- fo“’ (efllab) + 5 ZA""‘“’ (ijl|mn)

+ P_(i5)P_(ab) ZZ/\""( ) (ej||mbd) + P_(l])P_(ab)A;(l)fjb

+ P_(i7) 3 A "ejllab) — P_(ab) 3 Am(ij||mb) (3.17)
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These amplitudes are required to obtain MBPT(3) gradients. If we compare the

expressions for /\52) and t?) , and recalling that /\ﬁ" = tgl), we can see that the following

equation holds:

/\2(2) - t?(z) Ztae (l)fme + Ztﬁ(l)(inllaf) (3.18)
nf

Similarly, comparing /\(2) and tm yields

M@ 406 4 P (35)P_(ab)Xi M) £ (3.19)

Therefore, for MBPT(3) gradients, we need not iterate the A equations, but rather
take the second order T amplitudes and add several terms. This will lead to a more
efficient method of determining the A amplitudes which are needed later. Unfortu-
nately, such a simple solution for the third order A amplitudes is not possible due to
the order-by-order nature of the problem.

Third order A; and A; equations (excluding triples):

0D = FO+ ENVED - 0ED + 5 SR CARTY

efam
m ef

/\xm(l)w(2) )

efam
vy (rOWD, + ArOWE,)
2 - " etma etma

- _ mn(2)yA5(1) mn(l) A(2)
Z Z (/\ Wmme + ’\ Wmme

mn ¢

— 3.6 eillfa) ZQ(Z) (mi||na) (3.20)
ef

/\Z,(S)D:‘;’ = P_(ab)ZA:;je(l)fgz) P_(ab) me(l)f(fn)
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1 i )50 i7 (Dy5(2)
+ 5 Xf: (’\c{f Wefab + /\e{f cfab)

1 ~ o
+ 5 z (A;’;,n(ﬂwi(jl’zm + Azzn(.)w§]?31n)

mn

+ P_(i)P_(ab) 5 (N @W, + ir VW,

+ P_(ab) X (ijllae) (géf’ > Az"‘”t;‘”)

m

_ P_(ij) S imlat) (g,‘:} iy Az“’t:,,“))

m

+ ()P (ab) (NP ED + X O FD)
+ P_(i5) S X ejllab) — P-(ab) T Ar@(ij|mb)  (3.:21)

Since we now have expressions for the ¢ and A amplitudes obtained from the
solution of the CCSD and A equations, respectively, we can write the CCSD energy

gradient with respect to an external perturbation as

dFE
E;(' = Z quf;%) + Z IpqS:q + Z F(P(Ia TS)(P‘I”"S)X (3.22)
Pq Pq

Pgrs

with D,, as the relaxed density, I'(pg, rs) as the effective two-particle density, and I,
as the one-particle intermediate which maintains the orthonormality of the perturbed
orbitals. In this expression, the only pieces which depend on the perturbation are the
one- and two-electron integrals. These are the derivative AO integrals rotated to the

MO basis. Furthermore, it is advantageous to define f%) as
£ = b+ 2 {pmllgm)* (3:23)

which depend only on the AO derivative integrals. The MO derivative part of fX

is accounted for in the formation of the relaxed density. The occupied-occupied and
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virtual-virtual blocks of the relaxed density are given by

Dy = 2 Py(i) T SN — 2Py T 664 (3.24)
m ef e
1
Das = —P+ (ab) 20 D toe, N + 5 Pa(ab) L t5, 37 (3.25)

which constitute the only contributions for Hartree-Fock reference functions. How-
ever, for non-Hartree-Fock references, such as ROHF, we also have a contribution
to the occupied-virtual block of the relaxed density due to the response of the CC

amplitudes

D = g+phi+s Tt -
——ZZ o f,{:;——ZZAZ}" s (3.26)
mn ef mn ef

Evaluating each of the D,, terms in an order-by-order fashion gives us the expressions
at each level of MBPT. Recall fromn our discussion of the ROHF-MBPT energies that
fi; and f,p are considered zeroth order while f,; is first order. This applies to the
derivatives of these elements as well. Therefore, D,; will always be of order (n — 1)
while D;; or D, will be of order n, where n is the order of MBPT.

D,, for MBPT(2):

DY = 3P T T - SR T
m ef .
- ——P+(z],ZLt“(1)tef(l) P+(ij)zt§“>tg“’ (3.27)
m ef p
D) = _P+ (ab) S 3" tae Wxmn() 4 P (ab) Zt“ M\
= —PJr (ab) 323 tee Wge ) ab) 215,08, o (3.28)

mn e
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D((;) — 2t:1(1)+ /\:(1)
= W (3.29)

D,, for MBPT(3):

D = 3P T X (@ + 0N )

m Cf

1, 0 | |
=54 (1) > (t;?(?u;(l) + 12 AZ(Z’)

e

€ 1 ae m
= ——P+(zJ ZZ(t;’;‘”tﬁf’H (1) ‘2))

m f
1 )
— 5P (i) 3 (650 + 450N (3.30)
D((:Z) — —P+ ab) Z Z (tae (2)/\mn(1) + tae (I)Amn(2))

+%P+(ab) > (t‘,‘n(z))\g‘(l) + t;‘(l),\;’n('l))

= _P+ ab Z Z (t:tenu)tg:n(l) + t:fn(l)’\gzn(z))

1
+5Pi(ab) (t;@)tfn‘“ + t‘,‘n(”,\g‘(”) (3.31)
D(z) — lta(2)+ )‘t (2)+ Ztae (I)Am(l)
at 2 1
_ ;t:‘(2)+ 1y (2)+ Ztae(l)te (1) (3.32)

D,, for SDQ-MBPT(4):

ae im (1) ae im(2) ae im (3)
Dy = - P+ (i7) ZZ(tim(s)/\if + 15 AT 4 o N )

m ef

—%P+(z'j) > (tf“”))\g(” @@y t:_:(l)/\i‘(ii))
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1 .. e ef (1 ae im ae jm
= 3PN T T (i Oh? + @ + gy @)

me

1 | |
—5 Py (i) T (596D + OO tf‘”Ag“”’) (3.33)

1
DY = 1Pu(ab) TN (ta N + 1o, Oz 4 422, 7))

mn e¢

1
+§P+(ab) Z (t:‘_n("s),\zn(l) + t:n(2)/\;"(2) + t;ln(l)/\zn(a))

m

L GO N AR AV L ER AN L)

1
+3Pu(at) T (1598, + £, OXp® 415030 (3.34)
1 1@ 1
D(3) — —4a(3) 2yt ol i (Z)Am(l) o (1)/\m(2)
ai 2tt +2’\a +2§(1m e +lim e )

1 1
-3 3 g2 Wgeym() _ 3 D )\Z}"(l)tf,{(l)t‘,’n (1)

mn ef
_Is g ammer e
4 ef mn 3
mn ej

1 1,0 1
— _tq(3) 2y ( Il o€ (2)te (1) o€ (I)Am(2)
9l + 2)‘a + 9 ; ( im tm ot i e )

1 Zta (L)ge(1)ze (1) _ lzztef (l)tgf(l)ta (v
2 — m t m 4 mn m m

mn ef

1 ef M af (1),e1
LSyt W O 3.9
mn ef
In all of the above expressions, the first-order A’s have been substituted with the

equivalent first-order ¢ amplitudes after giving each expression with the A’s.

The intermediate I’

»» Which is a precursor of I, is given by

1
I;Jq = D) (Xr:fpf(qu‘i'qu)
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+ Y [{prllst)T(gr, st) + (rpl|st)T(rq, st) + (rs||pt)T(rs, qt)

rst

+ (rs||tp)T(rs, tq)]) — D _(prllgs) Drsby: (3.36)

rs

which is generalized to account for the non-Hartree-Fock nature of the ROHF refer-
ence.

In addition to these terms, we need to account for the contribution to the gradient
arising from orbital response. This contribution can be obtained by solving the ROHF
coupled-perturbed HF (CPHF) equations [38]. For a correlated gradient calculation,
however, the CPHF equations are never actually solved, but are replaced with the
Z-vector equations [34]. The solution to these equations is added to D to form the

full relaxed density.

With Dﬁfg’"“” ) as the contribution due to orbital response, these equations are

given by
{orb—resp) 0P 8B BBA6
Dgpm ( Esar + Apmar + Apmar + AEMAI)

(orb—re el¢]
> DD ( B2l T A%gAI)
2

+
[
™

A

o (AShee + Agatar) = —"Xar — "Xar (3.37)

orb—res aooa au orb—res acao
D™ ( EMa1 T %ewm) + ZZD( P Agsas
ZDg%b—resp)Agﬁa‘:l — _aXAl (338)
M

Z Z D(orb resp) ( %ﬁlﬁl Iﬁi‘lla\gfl) + ZZD(orb resP)Aangf
E M

+

EZ D(orb—resp)Aﬁﬁﬁﬁ ﬂX 11 (339)
2 M

where I,J, K, ... refer to doubly occupied orbitals, A, B, C, ... refer to virtual orbitals,

and 1,2, ... refer to open-shell (singly occupied) orbitals. The A matrix used in Eqns.
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(3.37) to (3.39) are defined as

Apyis = 2(PR|QS) — (PR|SQ) — (PS|RQ) + 6gs*frr — 6pr®fos (3.40)
AREE. = 2(PR|QS) — (PRISQ) — (PS|RQ) + bqs” frr — Spr’fos (3.41)

AzdRs = 2(PRIQS) + 6r°fps (3.42)

A derivation of these A matrix terms is given in Appendix B. These A matrix elements
differ from those for UHF in that various pieces of the @ and 8 Fock matrices need
to be included.

Before progressing further, we must discuss the implications of the above expres-
sons on the use of semicanonical orbitals. These expressions have all been developed
in the canonical (standard) orbital basis. This was necessary since the partitioning
of the orbital space into doubly, singly, and unoccupied orbitals is only true for the
canonical orbitals. Rotating the orbitals to the semicanonical orbital basis effectively
mixes all the subspaces so that a clear partitioning is no longer possible.

The problem, therefore, is how to solve the CPHF equations if we are in the

semicanonical representation. Let us have
AU* =B (3.43)

represent the general matrix expression for the occupied-virtual part of the CPHF
equations using semicanonical orbitals. The occupied-occupied and virtual-virtual
parts can be constructed from existing quantities and knowledge of the occupied-
virtual part. Multiplying both sides by Z = XA~!, we can rewrite Eqn. (3.43)
as

XUx=ZB (3.44)

By solving for Z we can avoid explicitly solving for UX. For the elements of the A
matrix which consist only of integrals, we can use the integrals in the semicanonical

basis. Of course, to form the product Z of X and A~!, X also needs to be in the
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semicanonical basis. However, the addition of the Fock matrix elements must be done
in the canonical (standard) basis, since this is where the partitioning of the orbital
space is defined. For the product of X with these pieces, X is rotated to the canonical

basis

X =LXL! (3.45)
where L is the unitary matrix which rotated the orbitals from the standard to semi-
canonical orbital basis and X represents X in the standard orbital basis. After
forming the increment Z product between X and the f pieces of the A matrix, this
increment is rotated back to the semicanonical basis. Therefore, in practice, we have
separated the A matrix into two pieces: the integral part and the Fock matrix part.
Additionally, we are able to solve the Z-vector equations without having to perform
a complete four-index transformation of the A matrix back to the standard orbital
basis. This transformation has been replaced by two-index transformations performed
at the appropriate times.

The X,; intermediates are given by
Xoi = I; = I (3.46)

The X,; intermediates are only defined for non-redundant orbital rotations among
virtual and occupied spin-orbitals. Because of the nature of the ROHF reference, the
rotations among singly and doubly occupied orbitals need only be considered for 3
spin-orbitals, and rotations among singly and unoccupied (virtual) orbitals only for a
spin-orbitals. After solving the ROHF-CPHF equations, we have the last contribution

to D,;. This allows us to complete the construction of the I, intermediates

L; = —2220‘*’"’ re98) (eil|mj) — 23 £ DTS (3.47)
Ii = L,=1I,- Zf.me,‘,’I.b"”’” (3.48)
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The last term in [;; is only considered when j corresponds to an open-shell (singly
occupied) orbitals, as shown by §;;.
Elements of the effective two-particle density matrix I', which are the coefficients

of the derivative two-electron integrals, are given by:

T(ab, cd) = %P+(ab, cd)Vaped (3.50)

.. 1 ..
L(ij, k1) = §P+(ZJ, kD) Vi (3.51)

1

o 1 .
['(zb, ja) = ZP_,_(za,]b)V,-bja + 5

Py(ia, ) ¥ 5t M — 5Pylia, jeEN,  (3.52)

.- 1 a 1 a 1 a 1 . . a mye
['(i5,ab) = §Tijb + g,\,-;’ + % Erml:zvijmn — -8-P_(z]) ETmbn (g,'m + Z A t,-)

+§P_(ab) Yo (ge,, -3 ,\':t:,,)

1 ..
~ g P-(3)P-(ab) 2 Dt + 240 87] [Views + AT8;

3 ..
+§P__(z J)P-(ab) YDt tAmse (3.53)
.. 1 k e 1 ety 1 a
[(¢j, ka) = —gz AT — gztv\e’a + gz Vijkmtm
1, .. PRI U
+ZP_(Z_]) Z kaiatj - gp_(l])g,'ktj (354)
f

Mlabci) = § NP7+ L TING — 5 3 Vet

1
+3P(86) 5 Viciats, — 2P~ (ab)Gurt? (3.55)
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with the V intermediates defined by

Vinnij = Zr‘an’;"f (3.56)
abef = ZT;;{‘AZ;," (357)
tb]a = Z Z tae /\ (358)

As with the CC and A equations, we must evaluate each of these two-particle
density matrix terms order-by-order. Before writing down each of the terms for each
order of MBPT, note that the G and V intermediates are a minimum of second order.

I' intermediates for MBPT(2):

1 .
I®(ij,ab) = 3 .‘;"“’+§A:,’.,“’ (3.59)

I' intermediaies for MBPT(3):

I®(gb,cd) = -;-P+(ab )V, (3.60)
PO k) = & k1Y)
(25, kl) = '8‘P+(ZJ’ )V,sz (3.61)
@(p ia) — Lp (i gy a(1)1i (D)
'*(tb,ja) = =P.(ia,jb)V;., + P+ ia, jO)t V] 3.62
4 e T g
(2)(:: 1 ab(2) 1 ij (2)
['*(i5,ab) = =727 + =2, 3.63
8 8"
I (ij,ka) = EA’*“’ o) Zt‘“)/\" W (3.64)
[®(ab,ci) = ZA"‘“’t“"“’+%Zt;“’kz’i‘“’ (3.65)

I' intermediates for SDQ-MBPT(4):




I'®(ab,cd) =
r®Gj, kl) =

r® (b, ja) =

I'®(ij,ab) =

r®ij, ka) =

I®(ab,ci) =
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S P (ab, cd)VSD, (3.66)
1 ..

g P, KOV (3.67)
Lo i avy® L p e(1)ya (1) yjm (@)
ZP+(W,]b)V.‘bja + 8P+(W,Jb) o> W

~ 5 Pilia, 16) [HON + O] (3.68)

1
_,rab(3) +

10, 1 ab (1)1,(2)
8 i _’\Jb +——2Tmn vijmn

g 16

3P T (0 + Taro)
+P- @) T (60 - Do)
1 : ae (1) (2) m{1) b1
—g P-(13)P-(ab) 2 652 (Viems + 2085 (3.69)
1 k(2)_ea(1 k() _ea(2
—§¥(’\e rest) 4 3k pea ))
1 )3 (ti(2)/\ij m g () \is (2)>
8 " ea ea
1 1. .. (1)
+g LV + 2P ) Vit
m i)
1 @)
~gP-()GR'EY (3.70)
lz (/\m(2)_rab.(l) + /\m(l)Tab'(z))
8 - [+ ms [ ma

1 ¢ @) ymil) | e (1) ymi(2)
+§ Z (tm(z)Aab + tm(l)Aab )

1 1 ..
+3 LVt + 2P () T VndatnV
i f
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—éP_(ab)gg)tf(l) (3.71)

In order to have gradients for full fourth-order, we need to include the contribu-
tions from T3 and also A3. The expression for Az which is correct through MBPT(4)

is

)‘ijk(2)Dabc = P(a/bc)P 1]/]6)2/\"7( ) (ek||bc) — P(ab/c)P (i/5k) Z)\'m( ) (jk||me)

abe ik
+P(a/bc)P(i/ k)X, (ikllbe) + P(ab/c) PG /kE Ve (3.72)

Recognizing some similar pieces between the expression between Agz) and T;§2) we can

simplify to

Nk Opgte = 125 + P(a/be) PG/ )X ik |1be) + Pab/c)P(ij [)NG" fur

abe 1k l]k
= ?]b;(Z) + P(G/bC) (z/]k)t;(l)(]k“bC) + P(ab/c) (Zj/k) IJ (l)ka
(3.73)
where we have also used the equivalence between the first-order t’s and A’s. The

inclusion of triple excitations also leads to the following additional terms for the

relaxed density

D (triples) = 530 3 Mk Daghe® (3.74)
efy mn
D (triples) = 53 3 Amret, (3.75)
155
Dwriples) = 15 (el + azpoecle )
=5
- _Zz(A:}';"’tefn“’+tm"<‘)t:,{:,‘2’) (3.76)

mn ef
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Additional terms also arise for some of the I' intermediates. Specifically

T'®)(35, ab)(triples)

I'®(ij, ka)(triples)

I'®)(ab, ci)(triples)

1 eab (2)
Lt
1
i Zte (1)t$:f](2) (3.77)
- Z Z tm(l) efa (2) Aka(z) ef (1)
i ka aef mz

ka aef mi

sM

—ZZ

e mn

mm(z)tae (1) /\mn(l)tebc (2))

mni

( pef W yefa @) _ :km(”tef.(‘)) (3.78)

-ZZ

e mn

Amni@yae (1) _ gae (l)tg;g"(”) (3.79)

Programming of these terms, in addition to the appropriate CPHF terms for

ROHF (derived in Appendix B), allow the analytic calculation of the energy gra-

dient. Since these equations are derived from the general CC and A expressions,

including the non-Hartree-Fock terms, the additional pieces from the CPHF allow

the direct implementation of the ROHF-CCSD gradients, which have been published

elsewhere [27]. The gradients for MBPT(2), MBPT(3), and CCSD are implemented

in the ACES II [33] ab initio program system.




CHAPTER 4
RESULTS OF ROHF-MBPT CALCULATIONS

In order to gain an understanding of how the ROHF-MBPT approach works in
practice, a number of different atomic and molecular systems are studied. The focus of
these studies is to observe how spin contamination (or lack of) in the UHF reference
affects the results. It will also be important to see how well ROHF performs on
systems which may or may not suffer from spin contamination. In the rest of the

chapter, we will examine the following problems:
1. Electron affinities and ionization potentials of first row atoms (B-F).

2. Structure and characterization of several spin contaminated diatomic and poly-

atomic molecules:

(a) CH,0 + H transition state (d) FCS
(b) CN (e) NoH
(C) L13

4.1 Atomic Calculations

One of the first things we wish to examine is the difference between UHF and
ROHF for determining the electron affinities and first ionization potentials of the first
row atoms. To this end, we use three basis sets of increasingly better quality. These
are the "correlation consistent” basis sets of Dunning [39]. These basis sets follow

the progression that as the description of s and p space improves, a corresponding
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Table 4.1. UHF atomic energies for the ground state of the first row atoms and their

ions using the PVDZ basis set.

33

SCF MBPT(2) MBPT(3) SDQ(4)° MBPT(4)
B~ (°P) -24.4991843 -24.5464504 24.5604404 -24.5643397 -24.5648663
B (%P) -24.5299616 -24.5674982 -24.5810576 -24.5861892 -24.5865312
B+ (1S) -24.2345624 -24.2680974 -24.2820318 -24.2885273 -24.2885378
C- (*S) -37.6795011 -37.7482812 -37.7622148 -37.7643165 -37.7648067
C (3P) -37.6865444 -37.7396554 -37.7545104 -37.7586740 -37.7591232
Ct (*P) -37.2895279 -37.3321260 -37.3473327 -37.3532686 -37.3535455
N~ (3P) -54.2692744 -54.3698640 -54.3836453 -54.3852375 -54.3857122
N (%S) -54.3911146 -54.4634378 -54.4769727 -54.4790434 -54.4794748
N+ (°P) -53.8804629 -53.9358715 -53.9508049 -53.9551823 -53.9555518
O~ (*P) -74.7211942 -74.8632513 -74.8731035 -74.8741629 -74.8746738
O (°P) -74.7921661 -74.8958841 -74.9089220 -74.9104537 -74.9110503
O* ('S) -74.3524680 -74.4239253 -74.4363601 -74.4383394 -74.4387234
F- ('S) -99.3659836 -99.5566556 -99.5579529 -99.5595439 -99.5601917
F (*P) -99.3752403 -99.5177561 -99.5271689 -99.5281917 -99.5290407
F*+ (°P) -98.8004853 -98.9007679 -98.9126153 -98.9141213 -98.9147770
55DQ(4) is SDQ-MBPT(4).

increase in the polarization functions should occur. These basis sets are a [3s2pld]
valence double zeta basis (PVDZ), a [4s3p2d1f] valence triple zeta basis (PVTZ),
and a [5s4p3d2 f1g] valence quadruple zeta basis (PVQZ). All the atomic calculations
are performed by using spherical functions, i.e. the cartesian contaminants of the
d, f, and g functions are removed. The UHF energies for the first row atoms, and
their cations and anions, are shown in Tables 4.1 to 4.3; the ROHF energies are in
Tables 4.4 to 4.6. The differences between the atomic energies for the UHF and ROHF
references are in Tables 4.7 to 4.9. A comparison of the SCF results for UHF
and ROHF shows that the ROHF energies are always higher, which follows because
the ROHF reference is a restricted reference and because the lowest unrestricted
(UHF) result must be lower or equal in energy by the variational principal. For the

energies at the third and both fourth order levels of MBPT, the ROHF energies are
all slightly lower, except for F(*P) with the PVDZ and PVQZ basis sets, since no such
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Table 4.2. UHF atomic energies for the ground state of the first row atoms and their
ions using the PVTZ basis set.

SCF MBPT(2) MBPT(3) SDG(4° MBPT(4)
B- (°P) -24.5100311 -24.5767271 -24.5011231 -24.5043998 -24.5059395
B (*P) -24.5320678 -24.5833893 -24.5064003 -24.6008792 -24.6015718
B+ (1S) -24.2366822 -24.2793439 -24.2918120 -24.2975397 -24.2976287
C- ('S) -37.6961487 -37.7960390 -37.8108438 -37.8121665 -37.8145090
C (°P) -37.6915692 -37.7672401 -37.7822139 -37.7856918 -37.7869203
C*+ (?P) -37.2947464 -37.3536597 -37.3682976 -37.3734925 -37.3740887
N- (°P) -54.3038136 -54.4520887 -54.4680040 -54.4692338 -54.4724256
N (4S) -54.4006862 -54.5068109 -54.5209161 -54.5223322 -54.5240773
N+ (°P) -53.8901742 -53.9713094 -53.9863828 -53.9900874 -53.9910372
O~ (*P) -74.7661931 -74.9770178 -74.9865150 -74.9875070 -74.9921297
O (°P) -74.8117566 -74.9659719 -74.9804662 -74.9816235 -74.9840964
O+ (4S) -74.3703743 -74.4786578 -74.4918371 -74.4932792 -74.4945240
F- ('S) -99.4242987 -99.7056911 -99.7026464 -99.7053271 -99.7117115
F (°P) -99.4055249 -99.6173738 -99.6275244 -99.6283434 -99.6318270
F* (°P) -98.8302558 -98.9850719 -98.9986662 -98.9998199 -99.0015584
“SDQ(4) is SDQ-MBPT(4)

Table 4.3. UHF atomic energies for the ground state of the first row atoms and their
ions using the PVQZ basis set.

SCF MBPT(2) MBPT(3) SDQ(4° MBPT(4)
B~ (°P) -24.5156480 -24.6013072 -24.6159378 -24.6188769 -24.6209894
B (2P) -24.5320671 -24.6013403 -24.6145264 -24.6187957 -24.6196603
B+ (1S) -24.2374671 -24.2960874 -24.3088602 -24.3144339 -24.3146148
C~ (*S) -37.7036686 -37.8276158 -37.8423528 -37.8431689 -37.8465328
C (3P) -37.6933078 -37.7897908 -37.8047220 -37.8078789 -37.8094339
C* (*°P) -37.2964677 -37.3746496 -37.3894141 -37.3943442 -37.3950945
N- (3P) -54.3177573 -54.4991682 -54.5140060 -54.5146764 -54.5194247
N (S) -54.4037180 -54.5349103 -54.5488291 -54.5498944 -54.5521796
N* (3P) -53.8931758 -53.9973488 -54.0124015 -54.0157919 -54.0169846
O~ (*P) -74.7828574 -75.0353382 -75.0435681 -75.0442597 -75.0513951
O (3P) -74.8172947 -75.0037462 -75.0181948 -75.0189823 -75.0222625
Ot (1S) -74.3756476 -74.5108266 -74.5238544 -74.5249742 -74.5265786
F~ ('S) -99.4446198 -99.7777376 -99.7719363 -99.7751000 -99.7850545
F (*P) -99.4137701 -99.6659486 -99.6761440 -99.6765936 -99.6812561
F*+ (3P) -98.8386639 -99.0278311 -99.0415320 -99.0423611 -99.0446002

o

SDQ(4) is SDQ-MBPT(4).
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Table 4.4. ROHF atomic energies for the ground state of the first row atoms and

their ions using the PVDZ basis set.

SCF MBPT(2) MBPT(3) SDQ(4° MBPT(4)
B~ (°P) -24.4965182 -24.5462395 -24.5605060 -24.5644453 -24.5650042
B (2P) -24.5265909 -24.5673461 -24.5814411 -24.5864598 -24.5868398
C- (*S) -37.6786938 -37.7480836 -37.7622496 -37.7643871 -37.7648709
C (°P) -37.6824179 -37.7393526 -37.7548043 -37.7588812 -37.7593576
C*+ (P) -37.2855906 -37.3319545 -37.3476953 -37.3535082 -37.3538165
N- (°P) -54.2656755 -54.3700342 -54.3838076 -54.3853091 -54.3858099
N (4S) -54.3884142 -54.4631538 -54.4772032 -54.4792130 -54.4796415
N+ (°P) -53.8752649 -53.9355580 -53.9511380 -53.9553884 -53.9557840
O~ (*P) -74.7182444 -74.8634416 -74.8732315 -74.8741687 -T4.8747018
O (3P) -74.7875131 -74.8959359 -74.9091628 -74.9105046 -74.9111211
O+ (1S) -74.3482550 -74.4236688 -74.4366790 -74.4385142 -74.4389005
F (*P) -99.3718619 -99.5179134 -99.5272832 -99.5281846 -99.5290511
F*+ (°P) -98.7950288 -98.9007937 -98.9128445 -98.9141613 -98.9148338

Q

SDQ(4) is SDQ-MBPT(4).

Table 4.5. ROHF atomic energies for the ground state of the first row atoms and

their ions using the PVTZ basis set.

SCF MBPT(2) MBPT(3) SDQ(4°  MBPT(4)
B~ (°P) -24.5069886 -24.5767131 -24.5013669 -24.5945123 -24.5961324
B (*P) -24.5281466 -24.5835479 -24.5969163 -24.6011601 -24.6019312
C- (1S) -37.6950825 -37.7957407 -37.8108646 -37.8122589 -37.8145865
C (°P) -37.6867081 -37.7672302 -37.7826183 -37.7859050 -37.7872067
C+ (*P) -37.2902724 -37.3538057 -37.3687486 -37.3737131 -37.3743689
N- (°P) -54.2089075 -54.4534292 -54.4685124 -54.4693451 -54.4726437
N (S) -54.3973578 -54.5066112 -54.5211959 -54.5225128 -54.5242763
N+ (°P) -53.8843449 -53.9713577 -53.9867895 -53.9902651 -53.9912779
O~ (3P) -74.7620804 -74.9774746 -74.9867466 -74.9875212 -74.9922332
O (°P) -74.8056444 -74.9663199 -74.9808337 -74.9816974 -74.9842602
O+ (1S) -74.3658228 -74.4785794 -74.4921546 -74.4934216 -74.4946972
F(2P) -99.4009353 -99.6177769 -99.6277189 -99.6283477 -99.6318999
F+ (°P) -98.8236176 -98.98541°  -98.9989867 -98.9998732 -99.0016813
*SDQ(4) is SDQ-MBPT(4).
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their ions using the PVQZ basis set.
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row atoms and

SCF MBPT(2) MBPT(3) SDQ(4)° MBPT(4)
B~ (°P) -24.5125729 -24.6013583 -24.6161815 -24.6189913 -24.6212011
B (2P) -24.5280645 -24.6016581 -24.6150615 -24.6190617 -24.6200218
C- (*S) -37.7022742 -37.8271465 -37.8423651 -37.8433248 -37.8466423
C (°P) -37.6882984 -37.7899382 -37.8051540 -37.8080915 -37.8097363
Ct (2P) -37.2919347 -37.3749564 -37.3898206 -37.3945418 -37.3953631
N- (3P) -54.3121834 -54.4997005 -54.5145026 -54.5148154 -54.5197210
N (1S) -54.4001759 -54.5347595 -54.5491231 -54.5500897 -54.5523924
N* (3P) -53.8873215 -53.9975898 -54.0128115 -54.0159462 -54.0172144
O~ (P) -74.7783733 -75.0359181 -75.0438259 -75.0442689 -75.0515426
O (°P) -74.8108436 -75.0042248 -75.0185706 -75.0190470 -75.0224441
O* ('S) -74.3711469 -74.5109057 -74.5241680 -74.5251023 - 71.3267424
F (2P) -99.4089519 -99.6664597 -99.6763438 -99.6765916 -99.6813461
F+ (3P) -98.8318860 -99.0283812 -99.0418538 -99.0424016 -99.0447278
“SDQ(4) is SDQ-MBPT(4).

Table 4.7. Atomic energy differences (Eyyr - Eronr) for the ground state of the first
row atoms and their ions using the PVDZ basis set.

SCF__ MBPT(2) MBPT(3) SDQ(4)° MBPT(4)
B~ (°P) -0.0026661 -0.0002199 0.0001556  0.0001056 0.0001379
B (*P) 0.0033707 -0.0001521 0.0003835 0.0002706 0.0003086
C™ (*S) -0.0008073 -0.0001976 0.0000348  0.0000706 0.0000642
C (°P) -0.0041265 -0.0003028 0.0002939 0.0002072 0.0002344
C* (*P) -0.0039373 -0.0001715 0.0003626 0.0002396 0.0002710
N- (P) -0.0035989 0.0001702 0.0002523 0.0000716 0.0000977
N (‘S) -0.0027004 -0.0002840 0.0002305 0.0001696 0.0001667
N+ (3P) -0.0051980 -0.0003135 0.0003331  0.0002061 0.0002322
O~ (*P) -0.0029498  0.0001903 0.0001280  0.0000058 0.0000280
O (°P) -0.0046530 0.0000518 0.0002408  0.0000509 0.0000708
O+ (*S) -0.0042130 -0.0002565 0.0003189  0.0001748 0.0001771
F (P) -0.0033784 0.0001573 0.0001143 -0.0000071 0.0000104
F+ (°P) -0.0054565 0.0000258 0.0002292  0.0000400 0.0000568
"SDQ(4) is SDQ.MBPT(4).
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Table 4.8. Atomic energy differences (Eyyr - Eronr) for the ground state of the first
row atoms and their ions using the PVTZ basis set.

SCF

MBPT(2)

MBPT(3)

SDQ(4)°

MBPT(4)
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-0.0030425
-0.0039212
-0.0010662
-0.0048611
-0.0044740
-0.0049061
-0.0033284
-0.0058293
-0.0041127
-0.0061122
-0.0045515
-0.0045896
-0.0066382

-0.0000140
0.0001586
-0.0002983
-0.0000099
0.0001460
0.0004405
-0.0001997
0.0000483
0.0004568
0.0003480
-0.0000784
0.0004031
0.0003733

0.0002438
0.0005160
0.0000208
0.0004044
0.0004510
0.0004184
0.0002798
0.0004067
0.0002316
0.0003675
0.0003175
0.0001945
0.0003205

0.0001125
0.0002809
0.0000924
0.0002132
0.0002206
0.0001113
0.0001806
0.0001777
0.0000142
0.0000739
0.0001424
0.0000043
0.0000533

0.0001929
0.0003594
0.0000775
0.0002864
0.0002802
0.0002181
0.0001990
0.0002407
0.0001035
0.0001638
0.0001732
0.0000729
0.0001229

5]

SD

o

1) is SDQ-MBPT(4).

Table 4.9. Atomic energy differences (Eyyr - Eronr) for the ground state of the first
row atoms and their ions using the PVQZ basis set.

SCF __ MBPT(2) MBPI(3) SDQ(4)° MBPI(4)
B~ (°P) -0.0030751 0.0000516 0.0002437 0.0001144 0.0002117
B (*P) -0.0040026 0.0003178 0.0005351 0.0002660 0.0003615
C- (*S) -0.0013944 -0.0004693 0.0000123 0.0001559 0.0001095
C (°P) -0.0050094 0.0001474 0.0004320 0.0002126 0.0003024
C* (?P) -0.0045330  0.0003068 0.0004065 0.0001976 0.0002686
N- (°P) -0.0055739  0.0005323 0.0004966 0.0001390 0.0002963
N (4S) -0.0035421 -0.0001508 0.0002940  0.0001953 0.0002128
N+ (°P) -0.0058543  0.0002410 0.0004100 0.0001543 0.0002298
O- (*P) -0.0044841 0.0005799 0.0002578  0.0000092 0.0001475
O (°P) -0.0064511 0.0004786 0.0003758 0.0000647 0.0001816
O+ (1S) -0.0045007  0.0000791 0.0003136 0.0001281 0.0001638
F (*P) -0.0048182 0.0005111 0.0001998 -0.0000020 0.0000900
F+ (°P) -0.0067779  0.0005501 0.0003218  0.0000405 0.0001276

2SDQ(4) is SDQ-MBPT(4).
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variational primcipal applies for perturbation theory. At the MBPT(2) level, we see
that improving the basis causes the ROHF-MBPT(2) energies to become lower than
the UHF-MBPT(2) energies. With the PVDZ basis, most of the ROHF-MBPT(2)
energies are higher than UHF-MBPT(2). With the PVTZ basis, ROHF-MBPT(2)
energies are lower except for B=, C~, C, N, and O*. The PVQZ basis results show
that UHF-MBPT(2) energies are lower only for C~ and N. If a larger basis set in this
series were available ("PVPZ”), perhaps even these last two atomic systems would
be lower for ROHF-MBPT(2).

The differences between these energies give us the electron affinities (EA) and
ionization potentials (IP) for the atoms. The ionization potentials using the UHF
reference are shown in Table 4.10 while the ROHF results are in Table 4.11. For
reference, the experimental values are presented in both tables. The first thing to
note is that at the SCF level, the value of the IP is essentially invariant to basis set.
This is not surprising since these basis sets have fundamentally the same ability to
describe the orbitals in the atomic environment. Compared to experiment, the SCF
results are not very good, although the UHF values are generally better, all being
higher by 0.01-0.1 eV. Upon introduction of correlation, we see the differences between
the basis sets arise. With both UHF and ROHF, the larger basis gives a larger value
for each IP. In fact, the UHF and ROHF results now differ by no more than =~ 0.01
eV. The PVDZ results all underestimate the IP’s and are particularly poor for O
and F. The PVTZ basis gives excellent agreement for B, C, and N, and improves the
results for O and F. The largest basis, PVQZ, actually leads to an overestimation of
the IP’s for B, C, and N, but further improves the O and F IP’s.

Given the different nature of the two references, it is important to understand why
they should give essentially the same values for the IP’s. This agreement can be best

understood by examining the degree of spin contamination in the UHF reference. The
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Table 4.10. UHF ionization potentials (electron volts) for the first row atoms using
several basis sets.

SCF  MBPT(2) MBPT(3) SDQ(4)° MBPT(4) Experiment’

PVDZ basis

B 8.038 8.147 8.137 8.100 8.109 8.298
C 10.803 11.090 11.080 11.032 11.036 11.260
N 13.896 14.356 14.318 14.255 14.257 14.534
O 11.965 12.843 12.859 12.847 12.853 13.618
F  15.640 16.789 16.723 16.710 16.715 17.422
PVTZ basis

B 8.038 8.274 8.288 8.254 8.271 8.298
C 10.798 11.254 11.263 11.217 11.234 11.260
N  13.892 14.572 14.546 14.483 14.505 14.534
O 12.011 13.261 13.296 13.289 13.322 13.618
F 15.654 17.206 17.112 17.103 17.151 17.422
PVQZ basis

B 8.041 8.306 8.318 8.282 8.301 8.298
C 10.799 11.297 11.301 11.253 11.275 11.260
N  13.893 14.628 14.597 14.534 14.564 14.534
O 12.018 13.413 13.451 13.443 13.488 13.618
F 15.650 17.364 17.269 17.258 17.324 17.422

*SDQ(4) is SDQ-MBPT(4).
*Reference [40].




Table 4.11. ROHF ionization potentials (electron volts) for the first row atoms using
several basis sets.

SCF_ MBPT(2) MBPT(3) SDQ(4)° MBPT(4) Experiment’

PVDZ basis

B 7.947 8.143 8.147 8.107 8.117 8.298
C 10.798 11.086 11.078 11.031 11.035 11.260
N 13.964 14.357 14.315 14.254 14.255 14.534
o) 11.953 12.851 12.857 12.844 12.850 13.618
F 15.697 16.793 16.720 16.709 16.714 17.422
PVTZ basis

B 7.931 8.278 8.302 8.262 8.281 8.298
C 10.788 11.250 11.262 11.216 11.234 11.260
N 13.960 14.565 14.542 14.483 14.504 14.534
0] 11.968 13.272 13.298 13.287 13.322 13.618
F 15.710 17.207 17.109 17.102 17.149 17.422
PVQZ basis

B 7.932 8.315 8.332 8.289 8.311 8.298
C 10.786 11.292 11.302 11.253 11.276 11.260
N 13.956 14.617 14.594 14.535 14.563 14.534
0) 11.965 13.424 13.453 13.441 13.489 13.618
F 15.703 17.363 17.265 17.257 17.323 17.422

*SDQ(4) is SDQ-MBPT(4).
*Reference [40].




Table 4.12. UHF spin multiplicities at the SCF and M~
three different basis sets.
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<) levels of theory, with

PVDZ

SCF
PVTZ

PVQZ
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3.0038539
2.0074386
1.0000000
4.0009071
3.0042068
2.0054362
3.0028757
4.0020148
3.0036957
2.0022867
3.0029098
4.0021732
1.0000000
2.0020049
3.0024791

3.0058750
2.0103563
1.0000000
4.0015236
3.0060185
2.0065773
3.0058363
4.0030439
3.0045905
2.0046215
3.0047962
4.0027121
1.0000000
2.0034116
3.0033791

3.0067849
2.0111184
1.0000000
4.0026212
3.0067453
2.0066579
3.0093850
4.0037057
3.0046566
2.0065766
3.0056704
4.0027950
1.0000000
2.0039139
3.0035304

3.0019841
2.0039144
1.0000000
4.0006028
3.0021681
2.0026331
3.0014628
4.0011783
3.0017814
2.0009847
3.0014571
4.0011450
1.0000000
2.0008289
3.0011390

3.0034223
2.0060088
1.0000000
4.0010860
3.0034322
2.0034133
3.0035263
4.0019160
3.0023880
2.0024349
3.0026621
4.0015283
1.0000000
2.0016005
3.0016529

3.0041740
2.0066251
1.0000000
4.0019862
3.0040167
2.0034809
3.0063672
4.0024484
3.0024623
2.0039108
3.0033193
4.0016230
1.0000000
2.0019395
3.0017681

average multiplicity! at each level of theory with each basis set is given in Tables 4.12
to 4.15.  The first and most important thing to note is that the UHF reference is
hardly contaminated. This is the principal reason why the UHF and ROHF results
are the same. However, there are some interesting things to note about the behavior
of the spin contamination. First, as the basis set is improved, the multiplicity wors-
ens. This is contrary what might have been expected, but is not surprising when one
considers that the contaminating excited states are better described (that is, have a
lower energy) in the larger basis sets, enhancing their contribution to an erroneous
multiplicity. Second, the contamination is decreased with every increase in the level

of theory. This is gencrally expected {but cannot be expected rigorously) since fur-

ther inclusion of correlation provides a better description of the wavefunction, which

't is important to point out how the value for S? is determined. Handy, et. al. [20] use a non-
variational expectation value expression (Eqn. (30) of reference [20]). McDouall and Schlegel [19]
use an expectation value. Our approach is to calculate S? via the formula (0{S%[¢(™)), where n is
the same as for MBPT(n). Details of this formula can be found in reference [13].
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Table 4.13. UHF spin multiplicities at the MBPT(3) level of theory, with three
different basis sets, with and without inclusion of T3.

PVDZ PVTZ PVQZ
No Th With T No T With T} No T With T
B~ (°P) 3.0012158 3.0008845 3.0023897 3.0016952 3.0030456 3.0021926
B (*P) 2.0024497 2.0017654 2.0042387 2.0029277 2.0048434 2.0032741
B+ ('S) 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000

1.0000000 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000
2.0005089 2.0003402 2.0010830 2.0007229 2.0013651 2.0009293
3.0006838 3.0005014 3.0010848 3.0007476 3.0011993 3.0008102

C~ (*S) 4.0004111 4.0003394 4.0007839 4.0006482 4.0014801 4.0012863
C (°P) 3.0013159 3.0009900 3.0023485 3.0016804 3.0028691 3.0020324
Ct (?P) 2.0015479 2.0010980 2.0022519 2.0014874 2.0023661 2.0015018
N- (®°P) 3.0009856 3.0006872 3.0026453 3.0019469 3.0050781 3.0039394
N (“S) 4.0007531 4.0006005 4.0013349 4.0010182 4.0017713 4.0013591
N+ (°P) 3.0010298 3.0007629 3.0015491 3.0010642 3.0016537 3.0010962
O~ (*P) 2.0006341 2.0004104 2.0017604 2.0012188 2.0030096 2.0022098
O (°P) 3.0009340 3.0006921 3.0018710 3.0013741 3.0024260 3.0018076
0] ) 4.0006897 4.0005300 4.0010046 4.0007313 4.0011070 4.0007859

)

)

)
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Table 4.14. UHF spin multiplicities at the SDQ-MBPT(4) level of theory, with three
different basis sets, with and without inclusion of T3.

PVDZ PVTZ PVQZ
No T; With T; No T) With T No T With T
3.0008994 3.0003643 3.0019171 3.0008269 3.0024940 3.0011806
2.0018786 2.0007018 2.0034774 2.0013286 2.0040576 2.0015444
1.0000000 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000
4.0001781 4.0003074 4.0005927 4.0003649 4.0011398 4.0007966
3.0009710 3.0004196 3.0018584 3.0008014 3.0023282 3.0010291
2.0011529 2.0004029 2.0018008 2.0006023 2.0019325 2.0006157
3.0007964 3.0003459 3.0022323 3.0011559 3.0043890 3.0025767
4.0005615 4.0002834 4.0010396 4.0005181 4.0014083 4.0007416
3.0007453 3.0003020 3.0012037 3.0004623 3.0013169 3.0004897
2.0005134 2.0001975 2.0014885 2.0007022 2.0025943 2.0014054
3.0007193 3.0003460 3.0015151 3.0007661 3.0019994 3.0010733
4.0005047 4.0002290 4.0007683 4.0003401 4.0008673 4.0003818
1.0000000 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000
2.0003974 2.0001589 2.0008884 2.0003821 2.0011360 2.0005255
3.0005083 3.0002324 3.0008561 3.0003698 3.0009654 3.0004150
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Table 4.15. UHF spin multiplicities at the MBPT(4) level of theory, with three
different basis sets, with and without inclusion of Tj.

PVDZ PVTZ PVQZ
No Tj With T No Ti With T No T} With T
3.0008848 3.0003606 3.0018628 3.0007995 3.0024218 3.0011422
2.0018544 2.0007012 2.0034132 2.0013125 2.0039766 2.0015239
1.0000000 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000
4.0001766 4.0003077 4.0005970 4.0003707 4.0008061 4.0011510
3.0009593 3.0004137 3.0018182 3.0007800 3.0022742 3.0010008
2.0011382 2.0004022 2.0017663 2.0005934 2.0018910 2.0006041
3.0007822 3.0003394 3.0021698 3.0011232 3.0042786 3.0025133
4.0005584 4.0002778 4.0010275 4.0005112 4.0013881 4.0007293
3.0007358 3.0002973 3.0011759 3.0004478 3.0012829 3.0004722
2.0005007 2.0001909 2.0014284 2.0006629 2.0024913 2.0013310
3.0007079 3.0003369 3.0014686 3.0007336 3.0010239 3.0010239
4.0004999 4.0002229 4.0007540 4.0003312 4.0008481 4.0003701
1.0000000 1.0000000 1.0000000 1.0000000 1.0000000 1.0000000
2.0003885 2.0001524 2.0008487 2.0003519 2.0010794 2.0004802
3.0004998 3.0002243 3.0008265 3.0003481 3.0009280 3.0003878
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ultimately has to become an eigenfunction of spin in the limit of full configuration
interaction (CI). Third, the effect of including T in determining the multiplicity is
relatively significant. For a UHF reference function, the 7 part of the wavefunction
becomes non-zero at MBPT(3). This leads to a further improvement in the multi-
plicity and is continued at fourth order. From the coupled-cluster viewpoint, it is
important to include 7T} in the evaluation of S2.

If we now turn our focus to the electron affinities, we see that these basis sets have
substantial problems. The electron affinities for the PVDZ, PVTZ, and PVQZ basis
sets for both UHF and ROHF are shown in Table 4.16 and Table 4.17, respectively.
In general, differences between UHF and ROHF results at the correlated level are
not greater than = 0.02 eV, and most often agree to within 0.005 eV. In addition,
at the SCF level the ROHF results are better than the UHF results with all the
basis sets. Focussing on each basis set in turn, we see that both ROHF and UHF
fail to show that any of the atoms have a positive electron affinity at the SCF level
with the PVDZ basis. Qualitatively this is only correct for N. The ROHF-SCF EA’s,
however, are a qualitative improvement over UHF since they give a less negative
EA for B, C, O, and F and a larger negative EA for N. In going to the correlated
level, both references show improvement. However, even at MBPT(4), the EA’s are
qualitatively incorrect for both B and O. Moving to the PVTZ basis, the SCF results
again parallel those for PVDZ with respect to the UHF/ROHF differences. At the
SCF level, there is now qualitative agreement for C, N, and F, while B and O are still
incorrect. At the correlated level, we once again see marked improvement over the
SCF level. Oxygen is now predicted to have a positive EA. Boron, however, is still
qualitatively incorrect. Another important note is that the best quantitative results
are given by MBPT(2) rather than MBPT(4). With the PVQZ basis, the SCF results
are quantitatively better than PVTZ, but qualitatively the same in that they both fail

to predict a positive EA for B and O. At the correlated level, we see again substantial
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Table 4.16. UHF electron affinities (electron volts) for the first row atoms using

several basis sets.

SCF MBPT(2) MBPT(3) SDQ(4)* MBPT(4) Experiment®
PVDZ basis
B -0.837 -0.572 -0.561 -0.595 -0.590 0.277
C -0.192 0.235 0.210 0.154 0.155 1.2629
N -3.315 -2.546 -2.540 -2.553 -2.551 Not stable
0] -1.931 -0.888 -0.975 -0.988 -0.990 1.461125
F -0.252 1.059 0.838 0.853 0.848 3.399
PVTZ basis
B -0.600 -0.181 -0.144 -0.176 -0.153 0.277
C 0.125 0.784 0.779 0.720 0.751 1.2629
N -2.636 -1.465 -1.437 -1.445 -1.406 Not stable
0 -1.240 0.301 0.165 0.160 0.219 1.461125
F 0.511 2.403 2.044 2.095 2.174 3.399
PVQZ basis
B -0.471 -0.001 0.038 0.002 0.036 0.277
C 0.282 1.029 1.024 0.960 1.010 1.2629
N -2.339 -0.973 -0.948 -0.958 -0.891 Not stable
0] -0.937 0.860 0.690 0.688 0.793 1.461125
F 0.839 3.042 2.607 2.681 2.825 3.399

*SDQ(4) is SDQ-MBPT(4).

®Reference [40].
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Table 4.17. ROHF e<lectron affinities (electron volts) for the first row atoms using
several basis sets.

SCF  MBPT(2) MBPT(3) SDQ(4)° MBPT(4) Experiment’

PVDZ basis

B -0.818 -0.574 -0.567 -0.599 -0.594 0.277

C -0.101 0.238 0.203 0.150 0.150 1.2629

N -3.340 -2.534 -2.539 -2.555 -2.553 Not stable
0) -1.885 -0.884 -0.978 -0.989 -0.991 1.461125
F -0.160 1.054 0.835 0.853 0.847 3.399
PVTZ basis

B -0.576 -0.186 -0.151 -0.181 -0.158 0.277

C 0.228 0.776 0.769 0.717 0.745 1.2629

N -2.679 -1.447 -1.434 -1.447 -1.405 Not stable
0] -1.185 0.304 0.161 0.158 0.217 1.461125
F 0.636 2.392 2.039 2.095 2.172 3.399
PVQZ basis

B -0.446 -0.008 0.030 -0.002 0.032 0.277

C 0.380 1.012 1.013 0.959 1.004 1.2629

N -2.394 -0.954 -0.942 -0.960 -0.889 Not stable
0 -0.884 0.862 0.687 0.686 0.792 1.461125
F 0.971 3.028 2.601 2.681 2.822 3.399

25DQ(4) is SDQ-MBPT(4).
*Reference [40].




48

improvement over the SCF results and at the MBPT(4) level we now have qualitative
agreement for all atoms.

The poor performance of these basis sets to quantitatively (and sometimes quali-
tatively) predict the EA’s of B-F can be traced easily to the lack of diffuse functions
in the valence space. Each improvement of these basis sets is designed to give better
results in a molecular environment where emphasis is placeu on effectively describing
the regions of space near the nuclei. For determining EA’s, however, more emphasis
needs to be placed on regions of space further from the nuclei. Dunning and Hay [41]
recommend the addition of a single diffuse p function which is found to significantly
improve the performance of their DZP basis sets in predicting e'ectron affinities. The
recommended p function was added to each of the basis sets to create augmented
basis sets termed PVDZ+, PVTZ+, and PVQZ+. These basis sets are used in cal-
culations on the neutral atoms and their anions. In general, we see the same trends
in the energies as with the unaugmented basis sets. The exceptions do not follow
any particular trend with increasing basis set size. With the PVQZ+ basis set, all
the ROHF correlated energies are lower than their UHF counterparts, except for the
SDQ-MBPT(4) energy for F (?P). In the PVDZ+ basis, the energies for the N~ (°P)
are reversed against the trend of UHF-MBPT energies being lower. The difference
between the UHF-MBPT and ROHF-MBPT energies for this anion are also larger
than most of the differences. This is due to the poor description which UHF gives
for this anion, as reflected by its significant spin contamination (Table 4.18). While
the multiplicities with the augmented basis sets follow the same trends as for the
unaugmented bases, the N~ result is very different. It is interesting to note that this
severe contamination occurred from the addition of a single diffuse p function. This
probably follows from the important additional freedom provided by this functicn

which causes a large disparity in the spatial distribution of the a electrons and hence
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Table 4.18. UHF multiplicities for N~ at several levels of theory using the PVDZ+,
PVTZ+, and PVQZ+ basis sets.

SCF  MBPT(2) MBPT(3)
NoT, With T,
PVDZ+ 3.1958594 3.1807852 3.1734463 3.1522835
PVTZ+ 3.1817883 3.1671957 3.1605805 3.1366364
PVQZ+ 3.1909866 3.1760152 3.1692977 3.1425726
SDQ(4)° MBPT(4)
NoT, WithT;, NoT, WithT}
PVDZ+ 3.1668339 3.1279970 3.1659764 3.1281129
PVTZ+ 3.1549507 3.1118335 3.1539288 3.1119625
PVQZ+ 3.1636241 3.1158145 3.1625191 3.1159292
5SDQ(4) is SDQ-MBPT(4).

lead to large spin contamination. However, without additionai data it is difficult to
conclusively ascribe this result to this idea.

The effects of the additional p function on the atomic electron affinities can be seen
in Tables 4.19 and 4.20. With the PVDZ+ basis, there is now qualitative agreement
for C, N, and F at the SCF level, while the PVDZ basis failed for this. As with the
PVDZ basis, the ROHF results are different from the UHF results in the direction
toward agreement with experiment. With the PVTZ+ and PVQZ+ bases, we see
the same qualitative behavior as with their unaugmented counterparts. However, the
additional p function significantly improves the quantitative agreement. The EA’s for
C and F are much higher than for the unaugmented bases, with the most gain seen
for the PVDZ+ basis. In addition, even though still qualitatively wrong for B and O
at the SCF level, the magnitude of the error has been remarkably decreased. Upon
introduction of correlation, the EA’s come significantly closer to the experimental
values. As with the first basis sets, the MBPT(2) results are higher and closer to
experiment. The differences between MBPT(2) and MBPT(4) with the augmented

bases, however, are about half that of the differences for the unaugmented bases.
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Table 4.19. UHF electron affinities for the first row atoms using several basis sets
augmented with a single diffuse p function.

SCF__ MBPT(2) MBPT(3) SDQ(4)° MBPT(4) Experiment’

PVDZ+ basis

B -0.386 -0.031 0.009 -0.015 -0.001 0.277

C 0.368 0.939 0.934 0.886 0.903 1.2629

N -1.888 -1.085 -1.070 -1.024 -1.000 Not stable
0) -0.616 0.949 0.706 0.788 0.888 1.461125
F 1.194 3.165 2.637 2.868 3.011 3.399
PVTZ+ basis

B -0.348 0.118 0.167 0.137 0.167 0.277

C 0.402 1.143 1.141 1.081 1.125 1.2629

N -1.861 -0.827 -0.812 -0.759 -0.705 Not stable
0 -0.603 1.231 0.968 1.019 1.165 1.461125
F 1.171 3.442 2.860 3.054 3.259 3.399

PVQZ+ basis

B -0.321 0.184 0.231 0.196 0.236 0.277

C 0.430 1.233 1.227 1.162 1.222  1.2629

N -1.835 -0.714 -0.695 -0.635 -0.565 Not stable
0) -0.592 1.385 1.122 1.159 1.333 1.461125
F 1.168 3.599 3.011 3.185 3.425 3.399

*SDQ(4) is SDQ-MBPT(4).
*Reference [40].
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Table 4.20. ROHF electron uffinities for the first row atoms using several basis sets
augmented with a single diffuse p function.

SCF MBPT(2) MBPT(3) SDQ(4)° MBPT(4) Experiment®

PVDZ+ basis

B -0.345 -0.028 0.005 -0.017 -0.003 0.277

C 0.465 0.942 0.927 0.882 0.898 1.2629

N -2.097 -0.909 -0.925 -0.905 -0.848 Not stable
0 -0.587 0.945 0.695 0.785 0.888 1.461125
F 1.288 3.162 2.635 2.869 3.012 3.399
PVTZ+ basis

B -0.307 0.115 0.160 0.134 0.164 0.277

C 0.511 1.134 1.130 1.078 1.119 1.2629

N -2.048 -0.603 -0.619 -0.619 -0.530 Not stable
0) -0.563 1.230 0.961 1.017 1.166 1.461125
F 1.297 3.432 2.855 3.054 3.257 3.399
PVQZ+ basis

B -0.282 0.178 0.224 0.194 0.234 0.277

C 0.335 i.216 1.216 1.161 1.217 1.2629

N -2.030 -0.449 -0.463 -0.473 -0.363 Not stable
0] -0.552 1.386 1.118 1.158 1.335 1.461125
F 1.300 3.586 3.006 3.185 3.422 3.399

*SDQ(4) is SDQ-MBPT(4).
*Reference [40].
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The conclusion which can be drawn from these atomic calculations is that no
significant differences exist between use of the UHF or ROHF references. This can be
anticipated by noting that the UHF reference has essentially no spin contamination.
The significant errors between experimental and calculated electron affinities can be
directly connected to the basis set. Even a small improvement in the basis (addition

of a single diffuse p function) leads to a drastic improvement in the computed EA’s.

4.2 The CH,0O 4 H transition state

The addition of hydrogen to formaldehyde is a reaction which has been studied
by McDouall and Schlegel [19] using projected MBPT(2), i.e. MP2 (PMP2) gradient
methods, which eliminate the first (quartet) contaminant. In this work, we examined
the geometry of the transition state at the MBPT(2) level of theory. These results,
and the corresponding PMP2 results, are shown in Table 4.21. We see that the
geometries for all three methods are similar. The barrier height for this reaction is
not known experimentally, so we shall use the ROHF-CCSD result as our figure of
merit. The UHF-MBPT(2) barrier height is 27.0 kcal/mol (11.2 kcal/mol above the
ROHF-CCSD result), while the PMPn! result of McDouall and Schlegel improves the
UHF-MBPT(2) result fairly well, reducing the barrier height to 22.2 kcal/mol. The
ROHF-MBPT(2) result is better still, yielding a barrier of 19.2 kcal/mol, only 3.4
kcal/mol above the ROHF-CCSD result. The is further improved as one goes to higher
levels of perturbation theory, with the full MBPT(4) result only 1.8 kcal/mol above

our best estimate. It is interesting to note that inclusion of triples at MBPT(4) causes

1The PMPn energy is determined at the PMP2 geometry with all contaminants eliminated. The
barrier height reported in [19] used the frozen core MP2 energy for the CH,O fragment and the all-
electron MP2 energy for the transition state. The barrier reported here corrects this error; Schlegel,
H. B., personal communication, June 1991.
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Table 4.21. Geometry and barrier heights for the transition state of the CH,O +
H — CH:OH addition reaction using the 6-31G* basis set.

UHF-MBPT(2) PMP2 ROHF-MBPT(2)
Structure®
R(C-0) 1.230 1.249 1.260
R(C-H) 1.097 1.096 1.096
R(O-H) 1.422 1.464 1.422
6(H-C-H) 116.63 117.38 117.67
6(H-0-C) 120.93 118.51 119.59
6(X-C-0) 177.31 176.66 176.53
Barrier(kcal/mole)®

UHF PMPn ROHF

MBPT(2) 27.0 22.2 19.2

MBPT(3) 21.8 18.8

SDQ-MBPT(4) 21.5 18.0

MBPT(4) 23.3 17.6

CCSD 16.1 15.8

®Bond lengths are in Angstroms; angles are in degrees.
bAll barrier heights were determined using the optimized MBPT(2) geometries.
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Table 4.22. Optimized geometries® for CN and CN~ using the PVDZ and PVTZ
basis sets and UHF multiplicities.

PVDZ PVTZ

SCF MBPT(2) CCSD SCF MBPT(2) CCSD
CN- (RHF) 1162 1.204  1.192 1151  Li84  1.171
CN (UHF) 1.162 1138  1.183 1.150 1123  1.163
CN (ROHF) 1139 1.210 1184 1129 1187  1.164

UHF multiplicity 2.337 2.233 2.043 2.302 2.201 2.041
*Bond lengths are in A.

the barrier to rise for UHF, while for ROHF the barrier continues to decrease. ROHF-
MBPT provides an improved result over PMP2 for this system at the MBPT(2) level

and also provides improved energies at higher orders of MBPT.

4.3 The Cyano (CN) Radical

This radical has long been known to be spin contaminated and identified as a
failure of UHF based MBPT ([42]. For this reason, it provides an excellent example
for comparing ROHF and UHF based MBPT methods. The geometry of CN was
optimized at the SCF, MBPT(2), and CCSD levels using the PVDZ and PVTZ basis
sets. The UHF and ROHF geometries of CN, along with those for CN~, are given
in Table 4.22. Looking at only the PVDZ results, we see that in going from SCF
to MBPT(2), the UHF bond length contracts by 0.024 A. This is contrary to what
is expected, since it is well known that MBPT(2) tends to overestimate the effect
of correlation on bond lengths [43]. The ROHF bond, however, lengthens in going
from SCF to MBPT(2), which is in line with our expectations, although this is by a
considerable 0.070 A. Progressing to the CCSD level, we see that UHF and ROHF
bonds are essentially the same. We see that in going to the CCSD level, the ROHF
bond is contracted only 0.025 A from MBPT(2), so the MBPT(2) result is actually

quite reasonable. The UHF bond lengthens 0.045 A and show that it does not provide
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Table 4.23. Electron affinity (kJ/mol) of CN at different levels of MBPT using UHF
and ROHF references with the PVDZ basis.

Electron Affinity® Multiplicity
ROHF UHF UHF (NoT:) UHF (With Ty)
SCF 271 223 2.406 —
MBPT(2) 284 374 2.368 —
MBPT(3) 300 353 2.354 2.291
SDQ-MBPT(4) 284 339 2.339 2.233
MBPT(4) 278 350 2.336 2.236
CCSD 276 276 — 2.043

*Experimental value is 367 £ 3 kJ/mol.

a good description at MBPT(2). This result parallels very well with the value of the
multiplicity, also shown in Table 4.22. The UHF-SCF wavefunction is highly spin
contaminated with a multiplicity of 2.337. It is significantly improved at MBPT(2),
being 2.233, but is still very contaminated. At the CCSD level, it is almost a pure
spin state.

We determined the EA of CN with both UHF and ROHF references. Table 4.23
shows the EA for CN at different levels of MBPT calculated using the CCSD geome-
tries, together with the UHF multiplicities. At the SCF level, we see that ROHF
is closer than UHF to the experimental value of 367 kJ/mol, but is still almost
100 kJ/mol too small. At the correlated level, UHF appears to do a better job while
ROHF is significantly below the experimental value. However, as SDQ-MBPT(4) is
the fourth-order approximation to the infinite-order CCSD result, the UHF-MBPT
electron affinity must converge to 276 kJ/mol, showing the low-order UHF-MBPT
results to be fortuitous. Furthermore, it should be pointed out that UHF does a poor
job of describing the geometry at MBPT(2). This would seem to indicate that at the
MBPT(2) level, there is insufficient orbital relaxation to make up for the deficiencies

in the UHF wavefunction. A measure of this is given by the multiplicity. Indeed,

if we examine the multiplicity at each level of MBPT, also given in Table 4.23, we
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Table 4.24. Electron affinity (kJ/mol) of CN at different levels of MBPT using UHF
and ROHF references with the PVTZ basis.

Electron Affinity® Multiplicity
ROHF UHF  UHF (NoT)) UHF (With T7)
SCF 305 262 2.341 —
MBPT(2) 356 432 2.307 —
MBPT(3) 366 409 2.295 2.237
SDQ-MBPT(4) 352 396 2.282 2.186
MBPT(4) 351 a1 2.280 2.189
CCSD 344 344 — 2.041

“Experimental value is 367 + 3 kJ/mol.

see that the wavefunction is still severely contaminated. We must conclude that the
excellent agreement for UHF is merely a fortunate occurrence rather than the result
of a fundamentally better description.

Turning cur attention to the PVTZ results, we see the same trends in the geometry
for UHF and ROHF in going from SCF to MBPT(2), and then to CCSD. ROHF
behaves in the manner expected as the level of theory is increased, while UHF does
not. With the PVTZ basis, the ROHF based MBPT electron affinities do a much
better job than UHF, as seen in Table 4.24. We see that the variation of the ROHF
EA’s with level of theory is much less than that for UHF. The ROHF EA has a spread
of only 15 kJ/mol while UHF has a spread of 36 kJ/mol. In addition, the ROHF
results consistently remain below the experimental value while UHF overestimates
considerably.

Since the use of augmented basis sets greatly improves the EA results for the first
row atoms, we use the augmented PVDZ and PVTZ basis sets for CN. The optimized
geometries and UHF multiplicities a1e given in Table 4.25. Not too surprisingly, we
see very little change in the geometries between the augmented and unaugmented

basis sets. This make sense since the additional p function is diffuse and would not

be expected to play a significant role in molecular bonding. A more dramatic change
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Table 4.25. Optimized geometries® for CN and CN~ using the PVDZ+ and PVTZ+
basis sets and UHF multiplicities.

PVDZ+ PVTZ+
SCF MBPT(2) CCSD SCF MBPT(2) CCSD
CN- (RHF) 1.167  1.208  1.196 1.153  1.185  1.173
CN (UHF) 1.163  1.138  1.184 1.150 1.124  1.163
CN (ROHF) 1.139 1210  1.184 1129 1.186  1.164

UHF multiplicity 2.334 2.232 2.043 2.302 2.201 2.041
“Bond lengths are in A.

Table 4.26. Electron affinity (kJ/mol) of CN at different levels of MBPT using UHF
and ROHF references with the PVDZ+ basis.

Electron Affinity® Multiplicity
ROHF UHF UHF (NoTy) UHF (With TY)
SCF 299 250 2.404 —
MBPT(2) 316 406 2.366 —
MBPT(3) 331 382 2.353 2.289
SDQ-MBPT(4) 315 369 2.338 2.232
MBPT(4) 311 382 2.336 2.235
CCSD 307 307 — 2.043

“Experimental value is 367 £ 3 kJ/mol.

is seen for the EA’s, shown along with the UHF multiplicities in Tables 4.26 and 4.27.
The additional p function with the PVDZ basis adds approximately 30 kJ/mol to
the predicted EA’s at each level of theory for both UHF and ROHF. This leads
the UHF PVDZ+ results to overestimate the EA while the ROHF PVDZ+ results
are still below the experimental value. The spread in the EA values for UHF and
ROHF are 37 and 20 kJ/mol, respectively. With the PVTZ+ basis, UHF significantly
overestimates the EA while ROHF is essentially correct. The spread in EA’s are now
38 and 13 kJ/mol for UHF and ROHF, respectively. The continued poor performance
for UHF is again mirrored by the spin contamination using the augmented basis sets,
with the multiplicities basically unchanged from those obtained with the unaugmented

basis sets. Summarizing, ROHF-MBPT provides a better description of the CN
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Table 4.27. Electron affinity (kJ/mol) of CN at different levels of MBPT using UHF
and ROHF references with the PVTZ+ basis.

Electron Affinity® Multiplicity
ROHF UHF UHF (NoT;) UHF (With Ty)
SCF 314 272 2.341 —
MBPT(2) 367 443 2.307 —
MBPT(3) 375 419 2.295 2.237
SDQ-MBPT(4) 362 405 2.282 2.186
MBPT(4) 362 422 2.280 2.189
CCSD 354 355 — 2.041

*Experimental value is 367 + 3 kJ/mol.

system. This is based on its better accuracy upon improvement of the basis and in
its consistency at each level of MBPT. The spread in EA values is much less than for
UHF and is diminished by improving the basis, while the UHF spread remains about
the same.

While this study of the CN system gives us good information for comparing ROHF
and UHF based MBPT, we also wish to compare ROHF-MBPT to other methods
which address the spin contamination problem. Handy, et. al. [20] have studied
the cyano radical using their spin projection methods. In order to provide a direct
comparison, we perform optimizations of CN using the same basis set as Handy,
et. al. [20] at the MBPT(2) and CCSD levels of theory. The results are shown in
Table 4.28, together with the projected results of Handy, et. al. At MBPT(2), the
ROHF result is quite close to the experimental bond length of 1.172 A, while the UHF
result gives a much shorter bond length. The PUMP2(1) and PUMP2(2) methods,
with elimination of the first and second contaminants, respectively, improve the UHF
result, but not in a straightforward manner, as the elimination of two contaminants
gtves a poorer bond length. The electron affinities for CN at different levels of theory
are shown in Table 4.29. As can be seen, the ROHF-MBPT(2) result is in very

good agreement with the experimental value of 367 kJ/mol, while the UHF result is




59

Table 4.28. Optimized geometries (in A) for CN® and CN~ using a 5s4p2d basis set®.

MBPT(2) CCSD
CN- (RHF) 1.186 1.174
CN (UHF) 1.124 1.165
CN (ROHF) 1.188 1.165

CN / PUMP2(1)* 1.164 —
CN / PUMP2(2)®*  1.154 —

*The experimental value for R, for CN is 1.172 A.
*Reference [20]

Table 4.29. Electron affinities (kJ/mol) and selected multiplicities, 25+1 values of
CN at CCSD optimized geometries using a 5s4p2d basis set®.

Electron Affinity® Multiplicity
ROHF UHF UHF (NoT,) UHF (With Ty)
SCF 312 267 2.357 —
MBPT(2) 356 434 2.321 —
MBPT(3) 365 410 2.309 2.250
SDQ-MBPT(4) 352 397 2.296 2.198
MBPT(4) 350 413 2.293 2.201
CCSD 343 344 — 2.043

*Reference [20]
*Experimental value for the CN electron affinity is 367 & 3 kJ/mol.
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not. As the level of theory increases, the UHF results undergo large changes while
the ROHF results do not. However, both references converge to the same result at
CCSD, which attests to the powerful treatment of orbital relaxation in CC methods
[44]). Additionally, the improvement in the spin multiplicity for the UHF wavefunction
is slow as the level of perturbation theory is increased. Even with the infinite order
CCSD method, the spin contamination is not completely eliminated. The PUMP2(1)
and PUMP2(2) results are 358.4 and 364.9 kJ/mol, respectively, also in excellent
agreement, but several points should be made about these methods.

Examining the geometries in Table 4.28, the PUMP2(1) result is essentially the
same as the CCSD result, but it does not reflect the expected behavior for the
MBPT(2) method. It is well known that MBPT(2) tends to overestimate the ef-
fect of correlation on bond lengths [43], so the MBPT(2) bond length should be
longer than the full CI value. This also holds for the PUMP2(2) result, which falls
back towards the UHF result. Additionally, the PUMP2(1) energy is lower than the
PUMP2(2) energy (-92.5733 vs. -92.5708 hartrees). This is somewhat surprising for
the following reason. Since we are studying the ground state of CN, we expect the
contaminating quartet, sextet, ..., to lie higher in energy. The degree to which these
higher multiplicity states mix into the ground state wavefunction is indicated by the
average multiplicity and how far it is from the exact value. Since the ground state
doublet is contaminated by higher energy multipiets, we expect the ground state en-
ergy to decrease with the removal of each successive contaminant, i.e., we are moving
towards a wavefunction which reflects the pure doublet spin state. Since removal of
the second contaminant in CN raised the energy, one must wonder what affect the
projection operator is having on the wavefunction. An additional indication of aber-
rant behavicr is found in the average multiplicity. PUMP2(1) gives a value of 1.941,
while PUMP2(2) gives the correct value of 2.000.
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The reasons for this behavior have been explained in a recent paper by Koga,
et. al. [45]. They examined the effect of using approximate spin projection equations
versus the exact projection equations for elimination of spin contamination in the UHF
wavefunction. In the limit of including all possible higher multiplets, the approximate
equations give the same result as the exact equations. By examining the leading terms
in the error for (5?) and (H) after elimination of the first and second contaminants,
they saw that the approximate projection changes the sign of the lead error upon
each projection. This means that for only one projection, the leading term in the
error for the approximate scheme is negative, while it remains positive for the exact
expression. After two projections, the sign for the lead term in the approximate
expression is again positive, in agreement with the exact formula. Depending on the
magnitude of the contamination, and the importance of the first contaminant, it is
possible to get a value of ($?) which is below the exact value. A similar situation
holds for the energy.

Extending this examination to the PUMP2 projection schemes, Koga, et. al. [45]
demonstrated that the behavior seen for UHF projection also holds for the PUMP2
schemes. The PUMP2(1) projection results in a lead error term which is negative for

the energy, while PUMP2(2) has a positive lead error in the energy. They also point

out that similar behavior is present for the value of ($2). Their conclusion is that the
approximate spin projection equations should not be used for single projection, but
should always be used with double projection. The work of Koga, et. al. provides
a theoretical confirmation of the observation that PUMP2(1) gives errant results.
However, it will be shown later for Liz that this particular drawback is not always
important.

Given this discussion of how the wavefunction can be significantly modified, it
raises the issue of the validity of using the projected energies in conjunction with

closed-shell RHF results. Ostensibly, any RHF-MBPT result is unprojected since it
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is not contaminated. Similarly, the ROHF-MBPT results are unprojected ones and
it is logical to conclude that properties determined as differences between RHF and
ROHF-MBPT are more theoretically satisfying. Also, PUMP methods are no longer
rigorously size-extensive. This deficiency keeps them from being suitable method: for
extended systems, violating the rationale for all many-body methods. Another factor
which limits the usefulness of the PUMP2(2) method, however, is the expense required
to routinely perform calculations at this level. Hardy, et. al. [20] point out the
substantial task of putting together a practical evaluation of PUMP2(2) derivatives,
which is critical for wide acceptance of any method. They reported needing some
8000 lines of FORTRAN to implement the gradients. They also report that the cost
of performing a PUMP2(2) energy and gradient calculation is typically three times
that required for a UHF-MBPT(2) energy and gradient. This expense highlights the
economy of the ROHF-MBPT approach, which requires essentially the same amount
of time as a UHF-MBPT(2) energy and gradient. Therefore, for systems which are
spin-contaminated and for which a reliable ROHF reference can be obtained, this is

the more efficient method for introducing electron correlation.

4.4 The Liz Molecule

Handy, et. al. [20] also considered this molecule as it contains a significant amount
of spin contamination. Qur first comparison, therefore, is to their results. We opti-
mize the structure of Lis using the 6-31G* basis at the SCF, MBPT(2), and CCSD
levels of theory with both UHF and ROHF references. The geometries, energies, and
average multiplicity are given in Table 4.30. As can be seen, Lis is very heavily spin
contaminated, although it is essentially eliminated at the CCSD level. As with CN,
we have also calculated the MBPT energies for both UHF and ROHF using the CCSD

optimized geometries. These energies, as well as the binding encrgy per Li atom, are
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Table 4.30. UHF and ROHF geometries* of C», Liz at several levels of theory using
the 6-31G* basis set.

SCF __ MBPT(2) CCSD

UHF

R(Li-Li) 2.867 2.820 2.820
0 79.51 75.38 72.74

Energy  -22.313306 -22.330439 -22.347708

Multiplicity ~ 2.421 2.376 2.028

ROHF

R(Li-Li) 2.900 2.856 2.820
0 76.12 74.30 73.00

Energy  -22.301898 -22.333167 -22.347056

Multiplicity ~ 2.000 2.000 2.000

“Bond lengths in A; bond angles in degrees.

given in Table 4.31. There are two experimental values for the binding energy: 13.8
+ 1.3 kcal/mol [46] and 12.10 £ 0.24 kcal/mol [47]. At the MBPT(2) level, we see
the ROHF value (7.84 kcal/mol) is between the UHF value (7.26 kcal/mol) and the
PUMP2 value (8.60 kcal/mol). While this seems to validate PUMP2, one must re-
member the costs associated with PUMP2. As alluded to earlier, the PUMP2(1)
result for the the average multiplicity is not poor; rather, it gives a value of 2.000.
The effect on the energy in going to PUMP2(2) is also not as dramatic as with CN,
with the PUMP2(2) energy only 0.001 millihartree higher in energy. However, this
general approach has not been applied to higher levels of perturbation theory. We
see from Table 4.31 that the ROHF binding energy is consistently better than the
UHF value, except at the CCSD level, where the powerful corrective ability causes
the reversal of the UHF/ROHF ordering.

Another interesting facet to Liz lies in determining its structure and vibrational
frequencies. This molecule, as well as the other triatomic alkali metal molecules,
are known to be pseudo-rotators. The structure presented is for one of the two
possible Cy, structures which result from Jahn-Teller distortion from Dss. To further

characterize this geometry, the harmonic vibrational frequencies are determined via
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Table 4.31. Total energies for C, Liz and binding energies (BE) per Li atom using
the CCSD optimized geometry.

UHF ROHF
Energy® BE®  Energy® BE®
SCF -22.313212  3.99 -22.301450 1.54

MBPT(2) -22.330365 7.28 -22.333067 7.84
MBPT(3)  -22.335064 8.44 -22.342155 9.74
SDQ-MBPT(4) -22.338934 9.06 -22.345308 10.39
MBPT(4) -22.339168  9.10 -22.346065 10.55
CCSD -22.347708 10.89 -22.347056 10.75
*Total energies in hartrees.
*Binding energies in kcal/mol.

Table 4.32. Harmonic frequencies (intensities)® for Cy, Lis at several levels of theory
using the 6-31G* basis set.

SCF  MBPT(2) CCSD  Fitted’

UHF
a 165 (16.9) 150 (1.5) 169 (11.0) 130
be 240 (4.1) 221 (22.4) 193 (14.5) 190
a 315 (17.3) 332 (8.6) 325(23.6) 349
ROHF
a 136 (7.7) 155 (10.1) 166 (12.1) 130
b2 209 (40.4) 282 (820.1) 190 (31.2) 190
a 308 (14.4) 316 (18.7) 323 (24.1) 349
*Frequencies in cm™!; intensities in km/mol.
*Reference [48].

a finite difference of analytic gradients and are shown in Table 4.32. Also included
are the frequencies determined by Thompson, et al. [48] via analytic fits of the Lis
potential energy surface. We see that the SCF results for ROHF are actually very
reasonable, but this is just a fortuitous circumstance. The UHF SCF results are,
as expected, somewhat off the mark with respect to the fitted values. If we look at
MBPT(2), we see that ROHF is performing markedly worse than UHF, and, based
on some of the previous results, is somewhat disturbing. The b, frequency deviates

substantially from the fitted value and has an intensity which is very large. As it
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turns out, this is due to the fact that the ROHF reference function breaks symmetry;
a situation to which ROHF is more susceptible than UHF. The results given so far
are for the symmetric solution. If the C,, molecular symmetry is imposed on the
wavefunction, then one can obtain the symmetric solution. However, if the calculation
is allowed to proceed in C; symmetry, the additional freedom allows the wavefunction
to optimize into a lower symmetry than the molecular framework. Therefore, the
large discrepancy in the MBPT(2) frequencies could be attributed to this particular
shortcoming of the ROHF reference. A further indication of the corrective power of
CCSD is to examine the CCSD frequencies. At this level, the ROHF and UHF results

are essentially indistinguishable. In addition, they are very close to the fitted values.

4.5 The FCS radical

This molecule is of particular interest since an experimental emission [49] at-
tributed to the fluorothioformyl radical FCS has been withdrawn [50]. The withdrawal
was made because the original experiment was repeated with isotopic substitution and
the spectra remained unchanged, indicating an emitter other than FCS. With this
in mind, Chan and Goddard [51] conducted a study into the characterization of this
radical and the chloro analog, CICS. They pointed out in this work that due to se-
vere spin contamination of the UHF reference, MBPT(2) work using this reference
was suspect. They utilized an ROHF reference to conduct their most accurate cal-
culations, but used configuration interaction with singles and doubles (CISD) to add
the electron correlaticn. For these reasons, the FCS molecule provides an excellent
opportunity for comparison of two different single reference methods (CI and MBPT)
using the ROHF reference.

We used two different basis sets in studying FCS. The first was the 6-31G* basis,

since this was used by Chan and Goddard. The second was a better, full DZP
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Table 4.33. UHF and ROHF optimized geometries® for the ?4’ state of FCS using
two different basis sets at several levels of theory.

UHF ROHF
SCF MBPT(2) CCSD SCF MBPT(2) CCSD RCISD®

6-31G*

R(F-C) 1.288 1.301 1.318 1.280 1.322 1.318  1.305

R(C-S) 1.584 1.543 1.583 1.572 1.576 1.583  1.572

6(FCS) 131.27 133.91 130.94 132.17 131.43 130.88  131.8
DZP

R(F-C) 1.287 1.300 1.317 1.280 1.322 1.317 —

R(C-S) 1.576 1.532 1.572 1.563 1.565 1.573 —

6(FCS) 131.33 13394  131.02 132.27 13149  130.96 —

“Bond lengths in A; bond angles in degrees.

bReference [51].

quality basis. The DZP basis for C and F consists of the standard Dunning (9s,5p)
primitive set [52] contracted to [4s,2p] and augmented with a single polarization
function [53]. The DZP basis for S started from the (12s,9p) primitive set of McLean
and Chandler [54] contracted to [6s,4p], and augmented with a single d function [55].
The geometries obtained with the UHF and ROHF references at several levels of
theory are shown in Table 4.33. In addition, we also show the RCISD (ROHF-CISD)
results from Chan and Goddard. The UHF results at the SCF and MBPT(2) level,
as well as the ROHF SCF results, using the 6-31G* basis are the same as Chan and
Goddard. Since there are no experimental values for the geometry, we shall use the
CCSD results for the ROHF reference as our best estimate. We choose this over
the RCISD results because CCSD is a size extensive method while CISD is not. As
noted by Chan and Goddard, the bond angle is fairly invariant to level of theory,
ranging from 130.8° to 133.9° in either basis set. With respect to the bond lengths,
the F-C bond length increases with introduction of correlation and makes a similar
increase in going from MBPT(2) to CCSD. The most notable change is the effect of

correlation on the C-S bond length. The UHF SCF result is spuriously close to the
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Table 4.34. Harmonic frequencies (intensities)® of FCS given at several levels of
theory.

UHF RCISD?
SCF MBPT(2) CCSD
6-31G*
a 495 (3.8) 506 (0.1) 471 (0.7) 486

a 941 (59.0) 1164 (26.9) 978 (26.0) 1013
a' 1466 (426.5) 1491 (1284.7) 1379 (418.2) 1429
DZP

a 497 (4.6) 510 (0.2) 474 (0.9) —
a’ 936 (74.4) 1145 (66.4) 970 (47.1) —
o' 1460 (528.8) 1499 (1363.7) 1368 (464.2)  —

ROHF

6-31G*
a’ 505 (3.3) 476 (0.6) 470 (0.6) —
a’ 1050 (17.0) 976 (44.2) 973 (28.9) —
a 1480 (634.8) 1391 (369.0) 1376 (408.0) —
DZP
a’ 508 (4.6) 480 (1.1) 473 (0.9) —
a’ 1049 (25.5) 963 (74.5) 966 (46.7) —
a’ 1477 (719.8) 1377 (412.1) 1364 (453.5) —
“Frequencies are in cm™!; intensities in km/mol.

®Reference [51].

CCSD result, but at the MBPT(2) level it is significantly shorter. This is in contrast
to the ROHF-MBPT(2) result, which is only slightly shorter than the CCSD result.
At the CCSD level, we see that using the UHF or ROHF reference essentially makes
no difference. The bond angles are different by less than 0.1° with either basis. We
can also see how the geometries compare at different levels of theory by examining
the harmonic frequencies, which are given in Table 4.34. For the 6-31G* basis, we
see that the ROHF-MBPT(2) results have outstanding agreement with the CCSD
results. The RCISD results are reasonable, but are still not very close. One must also

note that this example continues to demonstrate the powerful corrective abilities of

CCSD, as the UHF and ROHF results are essentially the same.
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We also wished to assess the effects of triple excitations on the geometry of FCS.
The geoinetry was optimized at the CCSD(T) level using the DZP basis and the
UHF reference. The F-C bond is 1.322 A, the C-S bond is 1.577 A, and the bond
angle is 130.82°. These results indicate that triple excitations are not important in
characterizing the potential surface. Therefore, we would suggest that the DZP CCSD

results, be used as a guide for experiment in determining if FCS has been synthesized.

4.6  The NoH molecule and N, + H transition state

The characterization of the reaction N, + H has been of interest recently because of
its postulated importance in combustion reactions. Several theoretical and experimen-
tal studies have been conducted to further understand this molecule [56, 57, 58, 59].
The most extensive set of calculations published to date are those of Walch, Duchovic,
and Rohlfing (WDR) [58] and a subsequent study by Walch [59]. They used a reason-
ably large ANO basis set and performed CASSC¥/CCI calculations. The later study
by Walch further characterized the potential surface, but essentially did not change
the results of the earlier paper. For purposes of evaluating our methods, we shall use
the results of WDR as the currently best available in the literature.

Optimizations of the N;H minimum and N, + H transition state were performed
at the SCF, MBPT(2), and CCSD levels of theory using the PVDZ basis. These
geometries, together with the energies and average multiplicities, are reported in
Tables 4.35 and 4.36 for the PVDZ basis. The geometries of WDR are also given.
For the N;H minimum at MBPT(2), we see that once again, the UHF structure
is significantly different than that for ROHF. The behavior for the N-N bond is
incorrect, resulting in a contraction of the bond while ROHF gives the expected bond
lengthening. The N-N bond contraction for UHF also is probably responsible for the
large increase (= 8°) in the NNH angle. At the CCSD level, both UHF and ROHF
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Table 4.35. UHF and ROHF optimized geometries® for the 24’ state of N,H using the
PVDZ basis set at several levels of theory.

SCF MBPT(2)  CCSD _ WDR’

UHF

R(N-N) 1.178 1.150 1.190 1.197
R(N-H) 1.036 1.061 1.060 1.062
9(NNH) 112.39 120.05 114.87  116.3
Energy  -109.439315 -109.737808 -109.762186
Multiplicity ~ 2.124 2.055 2.014

ROHF

R(N-N) 1.167 1.185 1.190

R(N-H) 1.030 1.058 1.060

6(NNH) 112.98 117.82 114.95

Energy  -109.431025 -109.746816 -109.761990
Multiplicity ~ 2.000 2.000 2.000

“Bond lengths in A; bond angles in degrees.
*Reference [58].

Table 4.36. UHF and ROHF optimized geometries® for the transition state of the
N, + H reaction using the PVDZ basis set at several levels of theory.

SCF MBPT(2) CCSD WDR’®

UHF
R(N-N) 1.117 1.115 1.137 1.136
R(N-H) 1.394 1.347 1.417 1.457
9(NNH) 113.16 122.54 117.02 1186
Energy -109.418204 -109.724881 -109.746636
Multiplicity 2.133 2.092 2.013
ROHF
R(N-N) 1.105 1.152 1.136
R(N-H) 1.336 1.427 1.413
6(NNH) 116.93 117.83 117.30
Energy -109.401681 -109.743730 -109.745685
Multiplicity 2.000 2.000 2.000

“Bond lengths in A; bond angles in degrees.
*Reference [58].
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give essentially the same structure. This is very close to the results of WDR, with the
N-N bond being 0.007 A shorter and the angle 1.4° smaller. Comparing the MBPT(2)
and CCSD geometries, we observe that ROHF gives a much better qualitative result
than UHF.

The geometry of the transition state further emphasizes the shortcomings of the
UHF reference. Once again, we see a slight contraction of the N-N bond length
in going from SCF to MBPT(2), which is corrected at the CCSD level. The ROHF
reference has the anticipated N-N behavior at MBPT(2), the bond increasing in length
~ 0.05 A. The CCSD results for ROHF and UHF are essentially the same, although
the N-H bond for ROHF is slightly (0.004 A) shorter than the UHF result. Comparing
the CCSD results to the work of WDR, we see the largest difference in the N-H bond
length; this is most likely due to the larger basis set used by WDR. Their basis set
gives more flexibility in this region whereas the PVDZ basis is deficient. If we look at
the MBPT(2) results, we see that ROHF gives remarkably good agreement with the
CCSD results, with the N-H bond at 1.427 A versus 1.347 A for UHF. The behavior
of the N-H bond in going from MBPT(2) to CCSD with the ROHF reference is also
as expected; the bond contracts siightly. The geometries given here indicate that
ROHF is doing a very good job in determining the primary qualities of the molecule
at only the MBPT(2) level of theory.

The harmonic frequencies and intensities of the minima and transition states are
shown in Table 4.37 for the PVDZ basis. We see that the ROHF-MBPT(2) fre-
quencies are very close to the CCSD results, in stark contrast to the UHF-MBPT{(2)
frequencies. The N-N stretch (2817 cm™!) is &~ 1000 cm™! too large, while the ROHF
N-N stretch is only 17 cm™! too large. Another important point is to note the inap-
propriate value of the UHF-MBPT(2) frequency for the N-N stretch. The optimized

MBPT(2) geometry for N with the PVDZ basis is 1.129 A and has a frequency of

2179 cm™'. First, the N-N bond in N,H is longer than in N, at the MBPT(2) level,
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Table 4.37. Harmonic frequencies (intensities)® for UHF and ROHF minima and
transition states for N,H using the PVDZ basis set.

SCF MBPT(2) CCSD WDR?®
UHF
Minimum
a’ 1238 (107.9) 1028 (154.3) 1118 (98.1) 1070
a’ 1661 (7.3) 2817 (68.6) 1858 (18.2) 1583
a 3237 (5.6) 2962 (103.2) 2891 (61.1) 2744
Transition State
a 18807 (976.7) 2246: (2568.5) 1647: (916.0) 1662:
a' 886 (10.5) 800 (16.6) 770 (4.6) 771
a’ 2146 (46.6) 2889 (223.3) 2153 (55.7) 2072
ROHF
Minimum
a 1237 (120.4) 1001 (157.7) 1121 (97.1)
a’ 2051 (22.9) 1869 (26.2) 1852 (17.1)
a’ 3394 (0.5) 2923 (25.6) 2893 (60.9)
Transition State
a 3540: (6912.2) 1880: (1233.6) 1793: (1121.7)
a’ 877 (14.6) 771 (2.3) 772 (5.0)
a’ 2420 (108.0) 1986 (31.1) 2159 (58.7)

“Frequencies are in cm™!; intensities in km/mol.
®Reference [58].
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but the frequency is ~ 640 cm™! too large. Curtiss, et. al. [56] noted similar behavior
at the UHF-MBPT(3) level (the N-N stretch in NoH being 85 cm™! larger than in
free Ny), but attributed it to a poor basis set (6-31G**).

In order to test this hypothesis, we optimized NoH and N, at the MBPT(3) level
using UHF and RHF references, respectively. The N,H geometry is R(N-N)=1.155 A,
R(N-H)=1.055 A, and §(NNH)=117.14°. The resulting frequencies and intensities are
1074 cm™! (135.2 km/mol), 2627 cm™! (79.3 km/mol), and 2996 cm™~! (39.8 km/mol).
The MBPT(3) N stretching frequency is 2534 cm™'. We observe essentially the same
behavior with the PVDZ basis as that observed by Curtiss, et. al. [56] The N-N strech
in NoH is 93 ecm™! larger than in free N,, despite having a longer bond length. The
results from this work seem to indicate that this phenomenon is not merely a basis
set problem, since the PVDZ basis was designed for use in correlated calculations.
Instead, it appears to be a breakdown of UHF-MBPT. This poor performance has
been attributed to the poor description which single reference methods provide in
multiply-bonded systems [60, 61], and was explicitly pointed out by WDR as a neces-
sity for using a multireference approach. With this in mind, it would appear difficult
to reconcile the quite excellent agreement between ROHF-MBPT(2) and CCSD. The
ROHF-MBPT(2) N-N stretch is 310 cm™! smaller than in free N, and is what one
would expect, given the longer N-N bond in N;H.

One point to note, however, is that the UHF reference function is moderately spin
contaminated (average multiplicity = 2.078), and this could very well account for
its erratic performance at MBPT(2) and MBPT(3). Therefore, rather than being a
deficiency in single reference methods, it may only be a poor starting point in this
case. A more conclusive comparison between UHF and ROHF at finite order must
be deferred until the implementation of fourth-order gradients for ROHF.

The transition state frequencies show a similar trend, with the ROHF-MBPT(2)

results very close to CCSD and the UHF results not. The UHF-CCSD results for
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Table 4.38. Relative energy of N,H with respect to N, + H and height of dissociation
barrier with respect to NoH at PVDZ optimum geometries (kcal/mol).

SCF MBPT(2) CCSD
AE Barrier AE Barrier AE Barrier
UHF 10.09 1325 2250 811 7.30 9.76
ROHF 15.30 18.41 16.85 1.94 742 10.23
WDR results: AE = 3.01, barrier = 12.15.

the transition state are close to those of WDR; the same is true for ROHF except for
the reaction coordinate mode (N---H). The ROHF result indicates a stronger motion
through the transition state than UHF or the WDR work. In order to understand
this point better, we need to examine the predicted barrier heights.

The relative energies of NoH with respect to N, + H and the barrier heights
for the optimized geometries at the SCF, MBPT(2), and CCSD levels are shown in
Table 4.38. Looking at the barrier height at these levels, we see a correspondence
between the barrier height and the magnitude of the imaginary frequency for UHF
and ROHF. The ROHF barrier is larger at the SCF and CCSD levels, and so is the
imaginary frequency. At MBPT(2), the UHF barrier is larger and the same follows
for the imaginary frequency. Comparing to the results of WDR shows that at the
best level (CCSD), the barrier is underestimated. With this quality of basis set, we
are at a level where the geometry is less likely to be susceptible to large changes as a
function of increasing basis set quality {except for the N-H transition state bond as
stated earlier). It is possible, then, that with a better basis set the CCSD differences
between UHF and ROHF for the imaginary mode may grow smaller, in addition to
reaching better agreement with WDR.

To further evaluate the performance of ROHF-MBPT, we calculate the MBPT
energies of the minima and transition states for UHF and ROHF using the CCSD
geometries. These energies, together with the UHF multiplicities, are shown in Ta-

bles 4.39 and 4.40 for the PVDZ basis and in Tables 4.46 and 4.47. As with all
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Table 4.39. MBPT energies using UHF and ROHF references for the 24’ state of N,H
using the PVDZ basis at the CCSD optimized geometry.

UHF (Mult.)  (Mult.) ROHF
No T1 With T1
SCF -109.438402 2.155 a -109.428938
MBPT(2)  -109.732363  2.135 a -109.746667
MBPT(3) -109.744844 2.130 2.101 -109.752964
SDQ-MBPT(4) -109.754103 2.125 2.077 -109.761317
MBPT(4) -109.764649 2.125 2.077 -109.774277

*There is no T, contribution at the SCF and MBPT(2) levels of theory.

Table 4.40. MBPT energies using UHF and ROHF references for the transition state
of N;H using the PVDZ basis at the CCSD optimized geometry.

UHF (Mult.)  (Mult.) ROHF
NoT,  WithT
SCF "109.416664  2.172 a -109.399333
MBPT(2)  -109.722128  2.145 2 -109.743143
MBPT(3)  -109.727494  2.136 2.100 -109.735337
SDQ-MBPT(4) -109.739354  2.128 2.071 -109.746397
MBPT(4)  -109.752187  2.127 2.072 -109.763122

*There is no T; contribution at the SCF and MBPT(2) levels of theory.

the previous work at the MBPT level, we show the change in the multiplicity both
with and without T;. We see that MBPT improves the multiplicity, especially with
inclusion of T}, but that even at MBPT(4), the wavefunction still remains contam-
inated. The relative energies and barrier heights at the different MBPT levels with
the CCSD geometries are shown in Table 4.41. We see that at the various levels of
MBPT, the barrier height is consistently underestimated with respect to the WDR

work. Following the argument about basis set size, we would expect the energies to
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Table 4.41. Relative energy of NoH with respect to N + H and height of dissociation
barrier at several levels ot theory using CCSD optimized geometries with the PVDZ
basis set (kcal/mol).

SCF MBPT(2) MBPT(3) SDQ-MBPT(4) MBPT(4)

AE
UHF 8.23 25.50 13.16 13.43 16.36
ROHF 14.17 16.52 8.07 8.91 10.32
Barrier Height
UHF 13.64 6.42 10.89 9.25 7.82
ROHF 18.58 2.21 11.06 9.36 7.00

WDR results: AE = 3.01, barrier = 12.15.

be more sensitive to basis, and so the relative energies may be improved by using a
larger basis set.

In order to explore this effect, we repeat all optimizations using the PVTZ basis
set. The geometries of the N;H minimum are shown in Table 4.42. As one would
expect, the improved basis leads to a slight contraction of all the bond lengths, along
with a concomitant increase in the bond angles. For the transition state geometries,
shown in Table 4.43, the N-N bond contracts slightly while the N-H bond length-
ens for both UHF and ROHF. The bond angles remain essentially unchanged. The
behavior for the N;H trapsition state using the PVDZ basis is seen again with the
PVTZ basis. The ROHF-MBPT(2) transition state is in remarkably good agreement
with that of WDR. At the CCSD level, however, both UHF and ROHF still have a
shorter N-H bond than WDR.

The harmonic frequencies and intensities for the minimum and the transition state
with the PVTZ basis are shown in Table 4.44. As with the geometries, there is no
substantive change upon improvement of the basis. The UHF-MBPT(2) result for
the N-N stretch at the N;H minimum is still too large and not qualitatively correct.

Since the PVTZ basis 1s comparable to that used by WDR, we are still disturbed

by the disagreement between the N-H bond lengths for the transition state. Feeling
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Table 4.42. UHF and ROHF optimized geometries® for the 24’ state of N,H using the
PVTZ basis set at several levels of theory.

SCF MBPT(2) CCSD _ WDR?

UHF

R(N-N) 1.166 1.140 1.171 1.197
R(N-H) 1.028 1.045 1.044 1.062
9(NNH) 112.51 121.03 116.30  116.3
Energy  -109.469525 -109.864110 -109.882387
Multiplicity ~ 2.096 2.042 2.011

ROHF

R(N-N) 1.158 1.167 1.171

R(N-H) 1.022 1.046 1.044

9(NNH) 113.89 119.56 116.18

Energy  -109.460967 -10..871597 -109.882200
Multiplicity ~ 2.000 2.000 2.000

*Bond lengths in A; bond angles in degrees.
bReference [58].

Table 4.43. UHF and ROHF optimized geometries® for the transition state of the
N, + H reaction using the PVTZ basis set at several levels of theory.

SCF MBPT(2) _ CCSD _ WDR’

UHF

R(N-N) 1.105 1.102 1.11° 1.136
R(N-H) 1.384 1.351 1.425 1.457
9(NNH) 113.01 123.17 117.61 118.6
Energy  -109.448605 -109.848808 -109.864372
Multiplicity ~ 2.116 2.080 2.012

ROHF

R(N-N) 1.094 1.131 1.115

R(N-H) 1.323 1.440 1.417

9(NNH) 117.73 117.90 117.91

Energy  -109.432725 -109.864051 -109.863509
Multiplicity ~ 2.000 2.000 2.000

*Bond lengths in A; bond angles in degrees.
*Reference [58).
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Table 4.44. Harmonic frequencies (intensities)® for UHF and ROHF minima and
transition states for NoH using the PVTZ basis set.

SCF MBPT(2) CCSD WDR?
UHF
Minimum
a’ 1234 (114.9) 1053 (158.1) 1138 (106.4) 1070
a’ 1707 (3.3) 2803 (65.5) 1899 (16.5) 1583
a’ 3237 (5.5) 2972 (55.0) 2954 (42.4) 2744
Transition State
a' 1899: (1069.9) 2228:¢ (2656.6) 1615: (875.2) 16621
a' 866 (9.9) 788 (14.1) 757 (4.1) 771
a’ 2170 (56.0) 2757 (241.3) 2197 (73.2) 2072
ROHF
Minimum
a’ 1238 (126.5) 1022 (161.5) 1141 (105.3)
a' 2023 (21.9) 1896 (26.6) 1880 (15.2)
a 3393 (0.4) 2910 (26.4) 2960 (41.1)
Transition State
a' 3419: (6877.0) 2097: (1397.3) 1710z (1030.6)
a’ 881 (13.9) 742 (2.5) 763 (4.5)
a’ 2398 (118.6) 2011 (43.4) 2200 (75.9)

“Frequencies are in cm™!; intznsities in km/mol.

*Reference [58].
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Table 4.45. UHF-CCSD(T) optimized geometries® of the NoH minimum and transi-
tion state using the PVDZ basis set.

Minimum Transition state
R(N-N) 1.193 1.141
R(N-H) 1.064 1.413
6(NNH) 115.19 117.45

“Bond lengths in A; bond angles in degrees.

that we are perhaps missing some important contribution due to higher excitations, we
assess the effect of triple excitations on the geometry. We optimize the NoH minimum
and transition state at the CCSD(T) level using the UHF reference and PVDZ basis
set. The geometries are shown in Table 4.45. At the NoH minimum, the bond lengths
became slightly longer than for CCSD. This brought the geometry into slightly better
agreement with WDR. For the transition state, the N-N bond lengthened by 0.004 A,
but the N-H bond contracted by 0.004 A. Since the difference between the transition
state N-H bond lengths is the point we are attempting to address, we see that triples
increase the disagreement. We would anticipate that if a CCSD(T) optimization were
performed with the PVTZ basis, the N-H bond would lengthen slightly. However, it
would still be significantly shorter than that of WDR. On the basis of the present
calculations, it would appear that the CASSCF/CCI result is slightly overestimating
the N-H transition state bond length, although different basis set choices can affect
the answer. It is quite likely that if the geometry could be determined experimentally,
the bond would be in the range 1.41-1.45 A.

Turning our attention to the energetics, Tables 4.46 and 4.47 show the total MBPT
energies and UHF multiplicities for the NoH minimum and transition state for 1.e
ROHF and UHF references. From these energetics we can determine the relative
energies and barrier heights as we did for the PVDZ basis. These results are shown

in Tables 4.48 and 4.49. Looking first at the energies determined at the optimized
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Table 4.46. MBPT energies using UHF and ROHF references for the 24’ state of N,H
using the PVTZ basis at the CCSD optimized geometry.

UHF (Mult.)  (Mult.) ROHF
No T1 Wlth Tl
SCF -109.469034 2.155 a -109.459961
MBPT(2) -109.860577 2.090 a -109.871365
MBPT(3) -109.870736 2.097 2.065 -109.875980
SDQ-MBPT(4) -109.877914 2.083 2.047 -109.882520
MBPT(4) -109.895993 2.082 2.048 -109.903027

*There is no T contribution at the SCF and MBPT(2) levels of theory.

Table 4.47. MBPT energies using UHF and ROHF references for the transition state
of NoH using the PVTZ basis at the CCSD optimized geometry.

UHF (Mult.)  (Mult.) ROHF
No T1 With T1
SCF -109.447964 2.132 a -109.433380
MBPT(2) -109.847745 2.109 a -109.863454
MBPT(3) -109.850561 2.102 2.073 -109.855367
SDQ-MBPT(4) -109.860396 2.096 2.050 -109.864399
MBPT(4) -109.881081 2.094 2.051 -109.889031

*There is no T} contribution at the SCF and MBPT(2) levels of theory.

Table 4.48. Relative energy of N,H with respect to N; + H and height of dissociation
barrier with respect to NoH at PVTZ optimum geometries (kcal/mol).

SCF MBPT(2) CCSD
AE Barrier AE Barrier AE Barrier
UHF 11.00 13.13 17.21 9.60 4.50 11.30
ROHF 16.37 17.72 12,51 4.74 4.62 11.73
WDR results: AE = 3.01, barrier = 12.15.
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Table 4.49. Relative energy of NoH with respect to N, + H and height of dissociation
barrier at several levels of theory using CCSD optimized geometries with the PVTZ
basis set (kcal/mol).

SCF MBPT(2) MBPT(3) SDQ-MBPT(4) MBPT(4)

AE
UHF 9.95 19.01 8.31 8.69 11.49
ROHF 15.65 12.24 5.02 5.80 7.07
Barrier Height
UHF 13.22 8.05 12.66 10.99 9.36
ROHF 16.68 4.96 12.93 11.37 8.78

WDR results: AE = 3.01, barrier = 12.15.

geometries, we see that at the SCF level, the relative energy between the N;H mini-
mum and separated fragments has increased slightly upon improving the basis while
the barrier to dissociation has increased slightly. At the correlated level, the reverse
is true. The relative energy has decrased while the barrier has increased. However,
the barrier height is still underestimated by both methods when compared to WDR.
The relative energy between the minimum and separated fragments is very close at
the CCSD optimized geometry, being only about 1.5 kcal/mol over the estimate by
WDR, but the ROHF reference does a much better job of approaching this value
at finite order, being consistently lower than the UHF result. The variation in the
barrier height at finite order, as seen in Table 4.49 is somewhat of a mystery. There
does not appear to be much of a pattern to decide which reference gives a better
barrier height, since the two references alternate in which gives an answer closer to
CCSD (and WDR). This does not appear to be a basis set effect, since the variation
holds for both the PVDZ and PV TZ basis sets. However, based on the description of
the geometries, one must give serious consideration to use of the ROHF reference at
finite order.

This molecular system provides another example where ROHF would be the ref-

erence function of choice. The ROHF-MBPT(2) geometry is qualitatively correct, so
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a large basis set study at this level could provide valuable information without the

extra expense of a CCSD calculation.




CHAPTER 5
CONCLUSIONS

This work has presented the development of a treatment of electron correlation
which utilizes a reference which is an eigenfuction of spin. The driving force for this
development has been the need to be able to address the effects of electron correla-
tion in high-spin open-shell systems where the standard UHF reference suffers from
contamination from higher spin multiplicity states. The ROHF reference provides an
excellent starting point which alleviates this particular drawback of the UHF refer-
ence.

The implementation of ROHF-MBPT has exploited the properties of the CCSD
equations to yield a computationally efficient method. This implementation poten-
tially allows for the exploration of either large molecules with small to modest bases,
or small molecules with very large bases. The wavefunction has been demonstrated
to contain desirable properties and is often not only qualitatively correct, but quanti-
tatively correct at even the MBPT(2) level of theory. Furthermore, the development
of analytical expressions for the gradient of the energy and implementation at the
MBPT(2) and CCSD levels has greatly expanded the usefulness of this method.

The small set of molecular systems studied in this work have demonstrated that
the ROHF MBPT method is an excellent tool which overcomes many shortcomings
of UHF based methods. However, it also has shown that situations can arise in
which the ROHF reference may suffer from symmetry breaking. Another problem is

that the ROHF method tends to localize unpaired electrons, and this may lead to a
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qualitatively incorrect starting point. Such occurrences can cripple the study of some
problems with an ROHF reference. In such situations, other approaches to dealing
with the problem of UHF spin contamination might be used, especially infinite-order
CC methods that have the advantage of being relatively insensitive to the starting
reference function. In particular, UHF-CC methods can still deal with situations in
which use of an ROHF reference is inappropriate, such as complete cleavage of a bond
to go from a closed-shell system to two open-shell systems.

Finally, the implementation of the ROHF-MBPT methods has been done in a for-
mally, and practically, efficient approach. Wherever the ROHF reference can be used,
the most economical path to obtaining answers at the MBPT level will probably be
with ROHF-MBPT, since it is general, has appropriate orbital invariance properties,
is size-extensive, and has gradient techniques which are up to several times faster

than those envisioned for projected techniques.




APPENDIX A
ALGEBRAIC DEVELOPMENT OF ROHF-MBPT ENERGIES

A.1 General Derivation

To present a general derivation that embraces most cases, our starting point will
be the CCSDT equations [7, 8]. These may be written in terms of the usual cluster
operators T, = Y. t2){atib'j ...} as

¢ foo + fDT1 + W+ W + fo To + W + WILT, + W2

+ fou T2 2+ WT?/310)c = 0 (A.1)

(:.‘J?’|W + oo+ WTh + WTy + foTs + WTs + WT}/2
+WTT, + fo, Ty + WTE/2

FWT2T,/2 + WT,Ts + WT3/3! + WT2/41|0)c = 0 (A.2)

(& foTs + WHLIWTs + WTE2 + f,T7/2+ WL T, + WTLT5 + WTL T
+fouThTs + WTET, /2 + WT T2 /2 + WTET3/2 + WTPT,/3!|0)c =0 (A.3)

where |0) represents the reference function and (Z|, (3}], and (2| represent all single,

double, and triple excitations, respectively, from the reference funciton. The energy
is given by
E = (0|H|0) + AFE (A4)

AFE

(0|WT, + WT12/2 + foTal0) = E2+ E3+ E4+ - -

84
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The normal ordered Hamiltonian is

Hy = H—(OHI0) = [ + W = ¥ fulp'a} + 7 Slpalrs)pla'sr)  (A5)

pgrs

Normal ordering has the advantage that the correlation correction, W, is entirely
separated from the orbital relaxation part f.
In particular, the one-particle part of the Hamiltonian is

f o= T it} + X fulaal + 3 fiuliti} + X fulalt)

1<3 a<b
+3° fuo [{i'a} + {a'i}]
= _Dn+foo+fuu+fou:fD+fov (A6)

where D, indicates the diagonal elements of f, f,, indicates the non-diagonal part

of the occupied-occupied block, f,, the non-diagonal virtual-virtual block, and f,,
occ

the occupied-virtual block of the Fock matrix, i.e. f,, = (plklg) + 3_(pjllgs). The
J=1

C indicates that all products involve common W or f indices with the attached

T operators (i.e. are "connected”). Making contractions of the second-quantized

operators gives explicit orbital-based equations.

It is well known that iterating the CC equations defines various orders in per-

turbation theory. In the usual canonical SCF case, f,, = 0, f,, = 0, f,, = 0 and

D,=(ei+e€+ - —€ —€—--)s0
FIDiTh|0) = (& —€)t] (A.7)
(?Jb|D2T2|0) = (6,‘ + € — €a — Cb) t?;, (AS)

Using the projection operators @), to indicate projection on the n-excitations,

P =0)(0|, with E, = (WT2("_”) through fourth-order terms, we have

Q:D, TP = Q,WP (A.9)
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AE = (W) =E, (A.10)
Q.D, TP = wTP (A.11)
AE = (WT®)=E, +E, (A.12)
D, T®P = QwTP (A.13)

QD TPP = Q (WTfP + wrT{ /2 + I + W) P (A.149)
QDsTP = Qs (Wr") P (A.15)

AE = (WT®)=E,+E;+EP + E + ES + ET (A.16)

and, of course, higher order terms can easily be generated in a similar way.

In the ROHF case, we take our orbitals from a high spin, single determinant
ROHF calculation. However, in the spin orbital basis, f,, # 0, so operationally
we will treat the problem as a non-Hartree-Fock case. Whereas diagonalizing the
f matrix corresponds to the UHF canonical solution, and the full CI with UHF or
ROHF orbitals would be the same, treating f,, via perturbation theory permits more
rapid convergence since spin contamination is not introduced into the unperturbed
problem.

At first sight we might be tempted to consider f,,+ f,. as part of the perturbation,
with D, being composed of diagonal Fock matrix elements. This is the Hy choice of
Carsky and Hubac [21]. However, one of our primary conditions is that our generalized
perturbation equations must be invariant to transformations among just the occupied
or virtual orbitals, just as CC theory is. This requirement demands that all parts of
fo = =Dn + foo + fuu be treated equivalently. However, to retain the simplicity of
the diagonal case, we can exploit this invariance of the energy and diagonalize the
fp matrix to introduce semicanonical orbitals [30], so that fp = —D,. The other

element we require is that f,, is assumed to be the same order in electron correlation
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as W. This is not necessary, and a more general double perturbation treatment can
be developed, but this is a convenient choice for many purposes.
Iterating the non-canonical CC equations, and now requiring both T} and T}

contributions,

Q:D.T{"P = Q,WP (A.17)
QlDlTl(l)P = QlfouP (A-18)

from which our generalized MBPT(2) energy is

B = (WT) + (£ 1) (A.19)
Similarly, for MBPT(3)
@D, TPP = Q, (W’ + W) P (A.20)
QDITPP = Qi (fuTV +WT + W) P (A.21)
Es = (WIP) + (fuT?) + (WTOT 2) (A.22)

MBPT(4) introduces effects of T3 as well. Hence, we have
QDIPP = Qo (W + WP + fo? + 3w (1)’
+WTOTO 4 £, TOTO 4 -;-W (Tf“)z) j2 (A.23)
ADTPP = @ (WIP +wr? + £, 77 + WP + w1V
+5W (1) + 2 (29)) P (A:24)

where

Q3D TP = Q,WwTMP (A.25)

This results in

Ey = (WTP) + (£, T + (WTATD) (A.26)
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The fourth order energy excluding triple excitations, SDQ-MBPT(4), is obtained by

removing the contributions of T§2) in Eqns. (A.23) and (A.24).

Clearly, generalization of the above to any order is straightforward. Requiring the

full Tn_,(a) and Tl(a) amplitudes to evalute E, is an unnecessary complication, however,
since the F4 expressions can be simplified via the 2n rule of MBPT as used by Bartlett
and coworkers {31, 32).

We know from MBPT that for V = f,, + W, Ry = (Eo-—Ho)—l, and Q =

> Q.D:'Q.,, we have

Ey = (VRVRVRV)L = (0]V|¢®),

= (¢P|Eo — Hy|¢®), (A.27)
where

82 = [T + QTP + QT + Q.TNTY 2 + QTOTY + QTVTN /2] J0)
(A.28)

Notice the last three terms are linked but disconnected. Readily, one can see

that (0]V|¢(?)L gives the same expression as in Eqn. (A.22), since triple and higher
excitations do not contribute.

Using Eqn. (A.28)

1
By = (T'D,137) + (VDT + (V1D TP) + (3 D, T TY)

1 1 [g Al
+5 (T DT + (T TOD, TV T) 4 (TP D, TV

1 ,
HI'TVDTEY) + (M D VT + (T T DTV

(A.29)
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The limitation to linked terms applies to some of the non-linear terms. Hence,

most of the evaluation of E4 requires simply ”squaring” the appropriate T ampli-

tude, e.g. (T2(2)1D2T(2) Z|t“b 2(fii + fij — faa — fov), where the f,, refers to the

l>]
a>b

diagonal elements of the Fock matrix in the semicanonical basis.
A little inspection and use of the factorization theorem, which in the D, case

gives DZ%Z = —6—2 + 'D%’ will demonstrate the equivalence between Eqn. (A.26) and
Eqn. (A.29). A more detailed demonstration of this equivalence is given in the next

section. The non-linear parts of T ) and T8O, given by T(s) and TI(IQ\',)L in Eqns.

(A.23) and (A.24), represent only connecied pieces of the third-order wavefunction;
the necessary disconnected pieces contained in Eqn. (A.29) arise from (WTlm Tl(l)),

which also contributes a piece to (Tl(le Tl(z)). Hence, alternatively, we can evalute
E, = (T{V'D, T + (TP'Dy ) + (T Do T5Y)
HWTR) + (foTiRn) + (T (D) TP

(T 7, TN (A.30)

all terms of which depend solely on T' amplitudes of first and second order. It is
important to note that the D; in the sixth term is associated with Tl(z), and that the

last term arises from a linear part of Tl(a) not accounted for in the first three terms

of Eqn. (A.30).

A.2 Equivalence Between Expressions for the MBPT(4) Energy

In this section we expand on the equivalence of the MBPT(4) energy expressions
without use of the third order amplitudes (Eqns. (A.26) and (A.29)). Recalling

the equations for the perturbation theory amplitudes and energies (Eqns. (A.18) to
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(A.26)), we substitute for the third order amplitudes in the fourth order energy as

follows:

WT®) = P—— (@WQ.T3" + QWO + Q20 QsT{”

1 2
+50:WQ: (17) + QWTVQ: T + Q2 fon i TV QR TS

+5@wQu (1) P

= WP + 1O'wr® + 705, 1P + T WP

1 t 2 1 1
+ ._2_T2(1) 177 (Tz(l)) + T2(1) WTI(I)Tz(I) +T (1) fole(l)T(l)

1ot (1))
+5T3 w (1) (A.31)

plov

(TP = [Q WTP + QWQUT® + Qi@ + QW QST

+QWQs (TVTY) + 500, (1) + 501 (1)) P
TO'WT® 4 7O T® L T 7@ 4 0Ty
7! (1) ! (1) Wte (1)
WQs (118" + 57w, (1)’ + 5T o (10
(A.32)

We can now label the terms from each of these energy pieces. For the time being,.
we will deal only with these two contributions to the energy. We will discuss the
terms arising from (WT(Z)Tl(l)) later in this section. The terms from the equations

above are given in Table A.1.
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Table A.1. Terms® from the CC expansion of the MBPT(4) energy.

Terms from T§3) Terms from TI(S)
1) TO'wT® 1) TO'wT®
2y TO'wr® 2) TM'wr®
3) TV f,, T 3) TO'f,, 7
8 TO'wr® 4 TOWT®

5 P (H) 5 1w (1)
6) TO'WrPT®  6) 1TV WQ, (1)
N T LIOTY 1) 1, (1)
5 310w (T’

®All terms arise from only the connected
pieces of the third-order wavefunction.

The alternate expressions arising from the use of the 2n rule of perturbation theory
leads to Eqns (A.27) to (A.29). Labelling each of the terms from Eqn. (A.29) gives
us Table A.2.

The MBPT expansion for E(4) has all the energy terms. We will now see how

each of the terms for the MBPT expansion match up with the terms from the CC

expansion. Keep in mind that we still have not dealt with the terms from (WTl(z)Tl(l)).

Also, each of the terms in Table A.1 represent contributions from connected pieces of

the third-order wavefunction.

Using the (1) terms from T and T ;3):
1 t
W+ 1O wr® = 10w+ 1w 7
1
= = [Tz("*w + Tl‘”’w] D,T{®
2

= 7®'p,7® (A.33)

which accounts for (a) of the MBPT expansion.
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Table A.2. Terms from the MBPT expansion of the MBPT(4) energy.

Terms from the MBPT expansion
a) (T(Z)TD T(2))
b) (7'D, 1)
o) (T®'D,T®)
d) (T(l)fT(l)fD T(I)T(l))
e) (T(l)fT(l)f D,TOTMY,
t t
f) Y'YV b1y,
g) IT('«’)fD T(I)T(l))
h) ! (Tmemf D,T)
. t
) (1 DT
) (T DTy

Factorizing (e) of the MBPT expansion:

(T @' p Ty,

Dy _Dit+D_1 1
D1D2 N D1D2 - D1 D2

oW (- + ) TOTO) = (' WIOT) + (10,110 (A34)

The first term of the last equation corresponds to (5) of T(S), while the second term

of the last equation corresponds to (7) of TS,
Using the (4) term from T: ;3):

TO'wr® = 2% p 7

7' p,7® (A.35)

which accounts for (c) of the MBPT expansion.
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Factorizing (d) of the MBPT expansion:
HTO T DTy,

D, _Di+Dy_1 1
DD, DD, D, D

1

1 t t
onton (— ,)T“’T“’) = TR TOTO) + 1T L OT)

D

= %(Tf‘)f foo (7)) (A.36)

which accounts for (7) of T} (3) .

Manipulating (i) from the MBPT expansion:
(7' DTMTY)

t 1, mt
T® =T);T2()W

T"'w D)) _ )y m()n(1)
= D,TOT! = TV W (A.37)
3

which accounts for (6) from T2(3).

Factorizing (f) from the MBPT expansion:
1 tnt
T DY),

D, _D2+D'__ 1 + L 1
D,Dy, — D,Dj Dz D,
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1 0,001
HWW (ot 5 | TOTY) = EOWITO) 4 (T WD)
D2 2 4 4
1 1 2
= §(T2(1) w (V) (A.38)

which accounts for (5) from T,

Factorizing (j) from the MBPT expansion:

t t
(TP T DTy

D3 _D1+D2_L+_1_
DD, D,D, D, D,

{(fousW (Dl +D1 )T(2)) (T(mWTm) +(T. (l)tfouTéz)) (A.39)
1 2

The first term of the last equation corresponds to (4) of Tl(a) and the second term

corresponds to (3) of T{Y.

Using (6) from T and (8) from T
1t W\2 Lty (2 _ ()t ! (1)
ST (100)* ST (1) = 2[T W+ T W]
11 [t t 2
= 33 [Té" W+ T W] D, (T)
1

t 2
= §T2(2) D, (1") (A.40)

which accounts for (g) of the MBPT expansion.

Factorizing (h) from the MBPT expansion:

1
ST T D)
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D, _D1+D;___1_+_1_
DD}~ DD, ~ D, D,

1 t t
Ut (3 + ) T = SO 1T 4 G 77
(T's,, 1) (A.41)

which accounts for (3) from T,

Manipulating the (b) term of the MBPT expansion:

(T D,7)
| Since
7@t _ [T(l)f ot (2)'W+T}"*W] DLI (A.42)
\1 Then substituting for TlmJf we get
(' D) = (" o1 + (W) + W) ()

The second term of the last equation accounts for (2) of Tz(a), and the third term

accounts for (2) of TY.

However, we cannot account for the first term of the last
equation using the terms in Table A.1.
At this point, we have accounted for all the terms in the MBPT and CC expansions

which involve connected pieces of the third-order wavefunction. We now examine the

remaining CC energy term, WTlmT ,“) . If we factorize WTlmTl(l) , then
g gy

1 02 D, 1 (1 1)1

D,D;, D, DD, D, \D: "D} D,

<WT1(2)T1(1)) — ( fovT(Z) [fovT(1)+WT(1)+WT(1)] T(l)
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t t t
(72(1) fouql(Z)) | ([12(1) fov12(l)11(1) | Iél) sz(l)Jl(l)

+TMw (Tl‘”)2]) (A.44)

The first term of the last equation accounts for the remaining term of (b) in the

MBPT expansion. The remaining terms all appear to be the same as terms (6) - (8)
for T2(3) in Table A.1. These terms, however, represent the disconnected pieces of the
T2(3) part of the wavefunction. Therefore, these three terms as found in the expansion
for Tf) represent the connected parts of the wavefunction, while their appearance in

WTATWY) represent the disconnected parts of the wavefunction.
1 41 P P

With all the terms accounted for, we can now express the fourth order energy as

t t t
Ey = (T D, 1) + (T D,T®) + (T D)
HWTI ) + (foo T wr) + (WTOTY)

t t
~(T £, T + (T £, T8 (A.45)

where the second-to-last term in Eqn. (A.45) accounts for the fact that this term

appears in both the T; "squared” term and the (WTlmT](l)) terms and is hence
overcounted, and the last term is not present in any of the "squared” terms and

needs to be added. Eqn. (A.45) is equivalent to the expression for the fourth-order

energy given in Chapter 2. Alternatively, we can take the expansion of WTI(Z)TI(”

and represent it as
t t
WTAT®) = (1Y £, 1) + (T (D, 1) T (A.46)

which then allows us to give the E4 energy as shown in Eqn. (A.30).




APPENDIX B
ROHF COUPLED-PERTURBED HF (CPHF) DERIVATION

This appendix deals with the derivation of the additional elements required for
solution of the ROHF CPHF equations. The end result gives the terms required for
construction of the A matrix of CPHF theory. These additional terms have been
incorporated in the ab initio program system ACES II [33] to provide for correlated
analytical gradients. Currently, these analytical gradients are available for MBPT(2)
and CCSD.

ROHF conditions:

*far+%far=0 (B.1)
*far=0 (B.2)
’fr=0 (B.3)

First condition: *fa; +?fa; =0

0 *far + 3 Pfar

5 o =" (B.4)

O’fAI = ZC;AA afuuCuI (BS)
uv

a af‘“’ el o 6 CUI
3x Cur + CuA f;w aX +

ufquvI + CuA
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oC 0 °fu aC,
; B;A ﬁfuu vl + CuA 6{: CuI + C#A ﬂfu.u axl (B6)

but,

9Cua _ S UXCup (B.7)
dx 7

SO

- a o , b
0 = Z Z UBACup *fuCur + C“A%CW + Z UprCup °fuCua
uv L P

z z UPAC;;P fuu oI + CpA f;w uI + Z U;g[CuP ﬁfuuCuA
P

2 O (B.8)

Summing over pv gives us

Y UBL *fpr +°f5 + D UK, afPA} + [E Uga ’fer +°F5 + Y _US Pfea| (B.9)
2 P P P

where

o d afAI
fAI aX
o B
ﬁf:l = afAI

We can further consolidate the expression to

S USA (o1 + %) + LU (*far +5fap) +°F0 +°£ =0  (B.10)
P P
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Since P can run over all types of orbitals (doubly occupied, singly occupied, and

virtual), we can break the summation over P down to these types:

S URA (Frr+5fp1) = S USa (%For +%n) + (B.11)
P J
S U (Cfur + %) + (B.12)
>_Uka (afBI + ﬁfBI) (B.13)
B

Recalling our ROHF conditions, we can see the term given by Eqn. (B.13) dis-
appears because of the first ROHF condition (Eqn. (B.1)). The 8 part of the term
given by Eqn. (B.12) disappears because of the last ROHF condition (Eqn. (B.3)).

We now have:

S U4 (afPI + ﬁfm) =) U (afu + ﬁf.n) + YUY *fur (B.14)
P 7 )

Expanding the second summation of equation (B.10) gives

ZU;’ (af’”’ + ﬁf'“’) = ZU}I (afAJ +ﬁfAJ) + (B.15)
2 J
2 U% (afm + ﬂfm) + (B.16)
1
> Uk (afAB + ﬁfAB) (B.17)
B

The term given by equation (B.15) disappears because of the first ROHF condition.

The a piece of the term given by equation (B.16) disappears because of the second

ROHF condition. This yields:

U (afAP + ﬂfAP) =Y UNfar + Y U¥; (afAB + BfAB) (B.18)
P 1 B
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At this stage, let’s explore what we know about the UX’s. We have six classes of

UX’s:
U Uag Uz Ut Uar Um
Ui Ua Uan Un Ura Ura
If we are dealing solely with a particular subspace (doubly occupied, singly occu-
pied, or virtual), the energy is invariant to arbitrary rotations within the subspace.

We can therefore define the UX’s for these subspaces as fits our needs. With this in

mind, we define the following UX’s:

g
X 1 X
Use = —55iB
2
Uy, = _%s;; (B.19)

where SX represents the derivative of the overlap matrix S.
These definitions account for three of the classes. Now let’s examine the last two

terms of equation (B.10).

“far= ECuA f“" (B.20)
“fur = by + D Dor{pollvd) (B.21)
oA
R P 0 D, d{po||vA)
ax hy, + 2; Bx (uallvA) + %:Dox By (B.22)
where
B — Oh,,
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ale = Z uAhuuCyI + Z axa)‘ HU”IIA) #ACVI + ZD”)‘C“ACVI(#GI|V/\)

uv oA
(B.23)
where
oo = 21
This leads to the expression
°fAr = S+ 3_ Di(AollIN) + 3~ Dox(Ac|IN)X (B.24)
oA al
Y Do(Ac|IN)X = Z ComCom({AT|[IA)X +
A oA m
B
EZCMCM(AUHI)\)X (B.25)
oA n
a B
E D\ (Ac||IN)X = Z(Am”]m)x + Z(An”]n)x (B.26)
oA m n

> DX (AellY) = LEE AN + T3 Con T 01N +

oA m oA m a

io
3

I¢)
ZZaCXMCAn(Aa”IA) }_jzc,,,,ac‘"(A ollIX) (B.27)

oA n ol n a

Recalling equation (B.7) and substituting into the last equation we get
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ZD AU”I/\ = EZZUPYH oPCAm AU”I/\)

oA m P

o

3 Y ST UR,.ComCrp{Ac||IN) +

oA m P

Mo

> UE,.CopCirn{Aa||IN) +
P

Q
>

M

> UE.ConCirp{Acl|IN) (B.28)
P

oA

YD (Ac)IN) = XS UR.(AP|Im) +ZZUpm (Am||1P) +
) m P P

B B
S S U (AP + 3 S UR(AnlIP)  (B.29)
n P n pP

Substituting equations (B.24) and (B.26) into equation (B.29) yields

o B o
°fir = Bi+ 2 (AmlIm)X + 3 (An||In)* + 33 U, (AP||Im) +
m n m P

B

3 S U, (Am||IP) +22U,,n AP||In) +ZZU,,n (An||IP)
m P

P P

(B.30)

Solving for AfX, will yield a similar expression, except that a and § terms will be

reversed. The resulting expression for Af%,; is:

6

o 8
fir = Rh+ 2(AnflIn)X + 3 (Am||Im)X + 303 JUR,(AP|In) +
m n P

n
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B o o
ZEP: UE.(An|lIP) + 3 ; UBm(AP||Im) + 3 ; Upm(Am||IP)
(B.31)

Substituting equations (B.31), (B.30), (B.18), and (B.10) into the last equation

and separating into known and unknown pieces results in the following equation:

> Ul (af" + ﬂf“) +2 (leAafII + lelﬁfAl) +> Uk (afAB + ﬂfAB) +
J B

1

o o Jij
Z Z U;m(AP”Im>acxaa + Z Z U})gm (Am“IP)aaaa + Z Z U}):(’n(AP”In)aﬂaﬁ
m P m P n P

5 s 8
+ 2. UR(An|lIP)apap + DY US (AP In)spss + Y Y Us.{An||IP)gpps
- P n P

+2. 2 UR{AP|Im)gaga + 3 Upn(Am||IP) apa
m P m P

o 8 8
— | Phr + Rhp + 2 (AmITm) oo + D (AnllTn)Spep + D (Anl|In)eaq+

n

f:mmnfmmaﬁa] (B.32)

m

From the discussion of the UX’s before, we have three classes which need to be
determined. We therefore need to solve three simultaneous equations. Let’s derive

the next one from the second ROHF condition (Eqn. (B.2)).

— 9 °far _ 9Cua o 0 °fu ap 9Cu1
0= aX - ; ax fLWCUl + CuA aX Cul + CuA fuu ax (B33)
a°,.
ale = ZC;‘A _5[u—'cul (B34)
py X
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afp.u = huu + E Dg,\(llU”V/\) (B35)
al
a af/.w _ ahuu al)cy,\ 8(,ua||u/\)
B = e L g el + S Dt (8.3
0w _ ZD ) D A B.37
Tot = W+ S Dh(uole) + X Dos(elloA) (B.37)

X1 =2 |CuahX,Cun +ZD (no||ad) + D Dor(po||vAY*CruaCin (B.38)

4 oA

°ffi = iy + 32 D5x(Ao||1X) + 3 Dox(Ac|[IN) (B.39)
oA

-2

ZpgA AN = 33 ComCom{ Al iAo + ZZC,nCAn<Aa(;1A)a[,aﬁ

0’/\ m a,\ n

(B.40)

B
Z D01\<AU”1A>X Z(Am”]'m)aaaa + Z(Anllln)zﬁaﬁ (B41)

oA n

D54l = X3 Lo (Ao 1N)aana +
gl

oA m

chﬂmaC/\m A ”1/\)aaaa+

oA m

0 Con

ZZ

ol n

C)‘n AO’”I/\)aﬁaﬁ +

b aCAn
ZZCM AO‘”IA)Q;;O,Q (B42)

oA n
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Recalling equation (B.7) and substituting into the last equation,

ZDZ/\(AU”]'/\) = ZZZUPm O’PCz\m Aalll/\)aaaa+
oA

oA m P

[¢ 4

33 S UR.ComCrp{Ad||1N) anca +

oA m P

8

YD UE.CopCan(Ac||1))apap +
eoA n P

g

Y)Y UE.ConCrp{Ac|| LN apas (B.43)
oA n P

ZDZ,\(AU”U‘) = ZZUPm (AP|1m) aaaa+ZZUl§m Am||1P)aaaa +
23 m P

s
22 UB.(AP|[1n)apas + ZZUpn (Anl|1P)apap  (B.44)
n P

n Pn

Substituting (B.44) and (B.41) back into (B.39) we arrive at:

8
0‘f;l(l = hﬁl + Z(Amlllm)aaaa Z(An”]‘n);(ﬁaﬁ +

m

o

3 5 U (AP 1m)ansa + 3= Z U (Al Phosos +

m P

8 8
Y-S UB(AP(1n)apas + D 2 U (A1 P)agap (B 45)
n n p

Now let’s look at the other two pieces.

¢ 0C,
In ooy | T e Co i+ Gl G| (Bao)
X v ox
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Using equation (B.7),

a o
a,iAl =0 = Z Z UgACup"fm,Cul + “f}l + z Uﬁlcup"fu.,C#A (B.47)
P P

p

0 = > Ugsfer+°Fi + 2 UBfap (B.48)
P P

Let’s expand the first and third terms of the last equation.

Z Ugs%fm = Z UFa%fn + Z U¥s%fa + 2 Uga°fB1 (B.49)
P J 2 B
Y URCfap = 2 UNfas+ D UXFfaz+ Y U¥*fan (B.50)
P J 2 B

The last term of equation (B.49) and the second term of equation (B.50) disappear
because of the second ROHF condition. Substituting (B.50), (B.49), and (B.48) into

(B.45) gives the full second equation needed:

Y UFfn + DU+ D UK Fas + D _Up*fap +
7 2 7 B

24

Z Z Ul>§m<AP”1m)aaaa + E E Ul)gm(AmHIP)aaaa +
P m P

m

B B

YD UB(AP|1n)apas + _ D U (An||1P)apas
n P n P

o 8
= = Bk + 2 (Am|1m)3 00 + D {An[|1n)3s., (B.51)

n

Let’s now derive the necessary expression from the third ROHF condition (Eqn.

(B.3)).

ﬁfll = E Culaf;wcul (B52)
puv
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il v 0C,;
aill z,,: [ ul ﬂfu.u vl + cul a-i“ Cul + Cpl f;w X ] (B53)

Using equation (B.7), the last equation becomes

hzhwwm%aw%ﬁzw@wmq (B.54)
uv P P
where
0 °fu
1 = Cu 8{: Cur

This leads to

0= UkPfpr + %% + Y_UE/Sfip (B.55)
P P

Expanding the first and third terms of this equation,

N URPfer = Y UXPFu+ Y UxPfar + 3 UX\Pfai (B.56)
P J 2 B

Y UE fip = Z UX/Pfrs + E Pf12 + Z Us/*fis (B.57)
P

Due to the third ROHF condition (Eqn. (B.3)), the second term of (B.56) and
the first term of (B.57) disappear. This yields

Y UEPfer = Y UNfur+ Y UsPfor (B.58)
P J B
ZUl)glﬁflP = Zuleﬁfu + ZUglﬂle (B.59)
P 2 B

(B.60)
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Now let us deal with Af).

Ofu = b + Z Dgx{pa|vA) (B.61)
gl
a°f, ok, D, Opo||vA)
O = Ox + sumgy B (uo|lvA) + % Do,\—ax——— (B.62)
X =h%, + ZD (uo||lvA) + ZD,,\ (uaflyA)x (B.63)

e h Z CuhX,Cor + ZD (pallvA)CCor + ZDG,\ (uo|lvX)XCuC,r| (B.64)

uv 2}
°f = B+ 2 DA(10|lIX) + Y Dox(la|| I (B.65)
-2 -2}
x 8. 0Cn B, 8Chn
Y Di(la|IN) = ZZ an (1ollIN)gpas + 32 Con—7=" B ———(1o|lIX)gpss +
oA ol n g\ 1

0Com = 0Cxm
ry & - Orm(101N) saga+ 33 Com =5 (1010 056
o\ m

gl m

(B.66)

p
Y_DXi(lo|lI\) = Y N UR,.CorCrn{lo|| 1N ssss +
oA P

oA n

8
Y Y UE.ConCap(1o||IN)gpgp +
n P

2

Y Y UEnCopCirm{10]1I M) gapa +
m P

2}
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3= 3" UBnComCap(10(1X) gopa (B.67)
m P

-2

)
Y DXi(lallIXy = 3 3 UX(LP|In) ﬁﬁﬁﬂ‘*'zzupn 1n]|1P)pppp +
oA n P
YD U (LP|Im)gapa +ZZUPm (1m||1P)gapa(B.68)
m P

[¢] o
Y Dor(1a|lIA = 33" ConCorn{lolIN 3555 + D D ComCirm (10| IN) 5,50 (B.69)

oA oA N oA m

B a
Y Dox(la||INX = Y _(1n|[In)3sss + 2 (1m||Im)3opa (B.70)

-2}

Substituting (B.70) and (B.68) into (B.65) yields

s o
Ry = RS+ Z(lnllln)fiﬁﬂﬁ + Z(lm”Im))ﬁ(aﬁa +
s
22 U (1P||In) ﬁaﬁﬂ+ZZUpn(1n||1P)ﬁaaa+
n P
22 UBn(1P|lIm)gaga +ZZUpm (1m||1P)gapa (B.11)
m P

The third overall equation can now be written using (B.71), (B.60), and (B.59) in
(B.55):

N UM o + YUK fo1+ Y Uiz + Y U /Pfis +
7 B 2 B
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8
Y. UE(1P|In) ﬁﬁaﬁ+EZUpn (In||1P)gaps +
n P P

ZZ Upm (1P| Im)gapa + ZZ Upm{1m|lI P)gapa
m P
fi] a
= = |hY+ X (InllIn)sses + Do (1m| Im)}upa (B.72)
The other two overall equations are (B.32) and (B.51).

There remain three classes of UX’s to deal with. Of these, the only ones we wish

to deal with are those which are indicated with asterisks (*):

*Uar *Uzr *Ua
Ura Un Uia

The UX’s in each class are related by the expression:

U+ UX = -8, (B.73)

Using this relation, the left hand side (LHS) of equation B.72 becomes

2. U5 = Z( S )?fur (B.74)
J

The lead term of the last equation is known and can be moved to the right hand

side (RHS) of (B.72).

|
\
\
We can now break down the Y _ for the two-electron pieces on the LHS of (B.72).
P
Since we have included a spin orbital index on each UX, this determines the spin on P

(it must match or UX = 0). Since we need only deal with spin orbitals for P, we can

break each Z to be over occupied and virtual pieces. The four terms can therefore
P

be expanded as shown below:
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s
Z (10|l In)aapp + ZZ “(LellIn)pppp

:Mm

8
DD US(1P|In)ggps =
n P

g
Z w(1n||llo)pppp + Z Z {1n||Ie)pppp

:Mm

s
Z;U (In|[IP)sppp =

Z;Upm(lplllm Bapa = Z U (U]l Im) ﬁaﬁa+ZZU (Lf[[Im)papa

a[\’]o

Z;U m 1m||IP BafBa —

3[M]=

Z lm”” Bafa + E Z Ufm lm”If)ﬂaﬁa
]
(B.75)

Since several of the terms in the last equation are double sums which run over the
same range (such as the first term), the labels are arbitrary and can be rearranged.

Doing so yields

s 8
YD (UX +UX) (10|l In)spss +ZZ ((Lel|In)ppss + (1nl{Ie)spss)

[o]

Ulm + UXy) (U|[Im)gopa + Z 2 U}(m ((LfIHIm)gaga + (1m||If)paga)
m f

2

NMQ

(B.76)

From (B.19) we can now express the last equation as

g B
Y3 (=SX) (1oljIn) mﬁZZ ((Le|lIn)gsps + (1n||1€)psss) +

]

DD (=S (|| Im) aaaa+ZZU;m ((LfllIm)sapa + (1m||1 f)papa)
m |

(B.77)
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Equation (B.72) can now be written as

2 (U + Z (U for + Us/*fis) + Z U fia +

J

ZZ ((LellIn)spss + (1n|lIe)spps) +

> % U (1 + (s

m

8 o
= = R} =Y SN fur+ Z(lnnln)ﬁﬂﬁﬁ + Z(Im”Im))ﬁ(aﬁa
J n m

8 o
=2 Sx(Lolln)ssps — 3 Sk (1l Im) gaga (B.78)

mi

Now let’s perform similar manipulations on equation (B.51). The first four terms
of (B.51) are of the UXf type. Using (B.73), we can rewrite these terms in the

following manner:

ZU.)I(Aale = Z(_SiJ“UiJ)ale
J

J

USRS = Y (—Sk — Uk)*fa
2 2

z Us°fas = Z (=51 = Uy) °fas
J J

> Uk:°fas (B.79)
B

Rearranging terms yields

E (-S:}Jaf-ll - SfJafJA) + Z (—Siza 21) + Z ("‘U:Jale - leJan) +
2 J

J
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2 (UK fn) + D UE:fan (B.80)
2 B

The two-electron pieces of (B.51) can have the Z expanded into the spin-orbital
P

basis which gives

Z U Al||1m aaaa + Z Z Ujm Aflllm)aaaa

ZZUPTTL AP”lm)aaaa =
m P l f

1M

SN UE(AM|1P) sooe =
m P

3[M)=

21: U Amllll aaaa + Z Z Ufm Amlllf)ﬂaaa

8 B

B
Z;U}m AP|1n)apas = EZ < (Ao||1n) aﬂaB+ZZ < (Ae||1n)agap

3

s 8 B
Z Z Upn(An|[1P)apap = Z Z n(An||10)agas + Z E n{An||le)apas
n pP n

(B.81)

Using the same logic in going from (B.75) to (B.76), the last equation becomes

;; Uy, + UX) (Al||1m) pana + ZZUM ((Afll1m)aaaa + (AM||1f)vaca) +

5 8 5
2 (UX 4 UX) (Aol1n)apas + D D UX, ({Ael|1n)agap + (Anl|1€)apap)

n o

(B.82)

From /B.19) we can now express (B.82) as

Z Z (—=Sia) (Allllm)acaa + Z Z Ufm (Aflim)aaea + (Am||1 f)agaa) +

s 0
20 (=8X) (Aollln)apas + ZZ ((Ae|[1n)agap + (An||1€)apas) (B.83)

o
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We can now write equation (B.51) as

Y (=USfn = US°fia) + 2 (<UL ) + 3 U, *fan +
2 B

J

Z)f: U ((Af11m)aaoa + (Am||1f)acaa) +

Z Z . ((Ae||1n)apap + (An||1€)apas)

= —|R% = Do (8% + S5%1a) — X S5t
2

J
B
Z(Amlllm)aaaa Z(Anllln)zﬂcxﬂ -
ZS, Al||1m aaoo Z AO”ITL afaf (B84)
ml

We can now perform these same manipulations on (B.32). Using (B.73) where

appropriate, the UX f terms of (B.32) are

S UK (*far+ %) = 3 (=Sks = UXy) Cfar +far)
J

J

Z (leAafu + lelﬁfAl) = Z (—S§1°f11 - UX\%fir + lezﬁfm)
1

1

> U (*fas +°fan) (B.85)
B

After rearranging terms we get

S-S50 (O +51) + X 1(=8%) fu + L (UK + UXPfan) +

J

2_ U (afAB + ﬁfAB) +2_(=UX») (“fu + ﬁfu) (B.86)
B 7
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Using the expansion of Z into a spin-orbital basis, the two-electron pieces of
P

(B.32) become

ZU Al”Im aooa + EZU}'m Af”Im)Olaaa

YN UB (AP IM)agea =
m P 1 !

SMQ

SN UE (A IP)asae = D 2. UXAAM|| D aaoe + I 2 UFn{Am||I facaa
m P m { m f

g B B

ZZUPn (AP||In)apap = EZ (Aol In)apap + ZZU}” Ae||In)apap

n P n

)
Z “(An|[10)opap + Z E UX(An||Ie)apas

:Mm

B
ZZU An||IP afaf =
n P

8
Z (Aol In)ppps + ZZ {Ael|In)gapp

Mo
:Mu

D> UE.(AP||In)ggss =
P

5
Z “(An||I0)gpps + Z Z (An||Ie)ssps

:Mu

8
YD Ub.(An||IP)ssss =
n P

EMQ

ZZU (AP||Im)gapa = ZUI (Al||Im) ﬁaﬂa+zszm Af”Im)ﬂaﬁa
m pP l§

f

1[M)=

ZU Am“IP)gago, =
P

3MQ

> UX (Am||1T) gaﬁa+ZZU1m Am||I f)papa
l m f

(B.87)

Using the same logic in going from (B.75) to (B.76), the last equation becomes

ZZ (U +UXD) ) (All|[Im)anaa + Z ZUfm ((AfllIm)agaa + (Am||] flacaa) +
m ] f

8 8
Y3 (UK + UX) (Ao||In) agag+2:§: ((AellIn)apap + (An||I€)apas) +

o




116

5 8
oD (UX + UX) (Aol In)ppps + ZZ ((Ae||In)spps + (An||Ie)sps) +

(2]

YD (UL + UX) (Al Im) paga + ZZ Ut (AfIlIm)gapa + (Am||I f)papa)
m | m f

(B.88)

Using (B.19) and condensing summations, the previous equation becomes

a B
d_(=5%) ((AlllIm)sana + (AlllIm)gaga) + D (—=5%,) ({Aol| In) apas+
mi no

(Aol|In)pppp) +

\i 2 Ufn ((AflIm) aaaa + (AfIlIm)papa + (Am||I flacae + {Am||1 f)apa) +
mf

Z Z ((Ae||In)apap + (Ael|In)pppp + (An||I€)apas + {An||I€)sss)
(B.89)

We can now write (B.32) as

S (=U%) (for +%fa1) + 2 (U Fur + Uffa) + XB: Ut (*fas +°fa5) +
1

J

3 Y U (AF ) 0s0e + {(ASITmYs0p0 + (AT Favaa + (AmTf)sape) +
m f

Z Z ((Ael[In)apas + (Ae|lIn)gase + (Anl|Ie)apas + (An||Ie)pppp)

- h;l + hi(il - ZS,}J (af-” +[3le) - Zsilafll + Z(Amlllm)zaoa‘{b
J m

1

8 B8 o
Y (AR In) g0 + D _(An||In)Sg0s + D _(Am|lIm) S, 50
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= > 8% ((AlllIm)aaas + (AlllIm)gapa)
ml
)
— Y S% ({Ao|lIn)apap + (Ao||In)sssp) (B.90)

Our current working equations are (B.90), (B.84), and (B.78). We need to convert
the remaining UX f terms of these equations to the spin-orbital basis. If we examine

these terms from equation (B.90), we see that they are

S>-UX) (far+Pfar) + 3 (U + USPfan) + 2 USr (*fap + %faB) (B.91)
B

J 1

Recognizing that the singly occupied space is "occupied” for a spin and "virtual”

for 8 spin, the terms in the last equation can be rearrange to

a 8
2 (~Ukn) Yot + 2 (U Fe + LUl as + DU fae (BS2)
m n f [

It is important to note that the first part of the second term of (B.91) is now part
of the first term in (B.92). This is because the Al term is a virtual-occupied piece for
a spin and needs to be combined with the doubly occupied space of the first term of
(B.91) to span the complete a spin subspace. Similarly, the second part of the second
term of (B.91) is now contained in the last term of (B.92), since it is required to span
the complete virtual 3 spin subspace.

We can now use these terms to begin to derive an expression for the CPHF equa-
tion. We want to associate terms based on the spin cases of Al and the other indices

(fm or en).

Case 1: Al = aa, fm = aa
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LHS: Z( UAm) afml + Z U}(IafAf + Z Z (Af”Im)aaaa + (Am”If)aaaa)
RHS: — Zszgm‘*fm, + E Am|[Im)X_., ES (A goaa + B,

Case 2: Al = aa, en = 38

LHS: ZZ % ((AellIn)apap + (An||1€)apap)
8
RHS: — Z ATL“ITL aﬂaﬁ Z AO”IT& afaf

Case 3: Al = 8, fm = aa

LHS: $° 3 U (AS I )goge + (AT aose)

[e]

RHS: — Z(Am”]m Baﬂa Z Al”Im Bafa

m

Case 4: AI = B, en = B0

LHS: Z (—U%a) Pfur + Z uXPfae + Z Z ((Ae||In)pppp + (An||Ie)sppp)

8
RHS: — |- SX.°far + Z An||In)igps Zsan (Aol In)gpps + k%,

(B.93)

Examining equation (B.84), the UX f terms are
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> (UXsfn = Uisfaa) + 2 (=U%sfn) + 3_Up°fap (B.94)
J 2 B

Using the same logic as used in going from (B.91) to (B.92), equation (B.94)

becomes

a

B
Z (—'Uﬁma 7711) + Z (—lenaan) + Z UflafAf (895)
n f

m

where the second term of (B.94) has been put into the first term of (B.95). Let’s look

at the two possible spin cases for (B.84).

Case 1: Al = aa, fm = aa

LHS: E (—Uxnfm1) + Z U}clafAf + Z ; U}(m ((Afll1m)aaaa + (Am][1f)ocaa)
m f m

a

RHS: - |- Z (Simafml + SicmafmA) Z(Am”]"m aaaa ZSlm Alnlm)aaaa
Rl

Case 2: Al = aa, en = 343

B8
LHS: Z Z ((Ae||1n)apateta + (An||Le}apap) + Z (—U,) %fan

8
RHS: — | (An||1n)X ~Baf Z < (A0||1n)ogags

(B.96)

Examining equation (B.78), the UX f terms are:
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S (=UX) far + Y (UB, for + UE/S 13) + 2 _Usho (B.97)
J B 2

Using the logic described earler, (B.97) can be rearranged to

B
Z len ﬁfnl + Z et Z U}clﬁffl (B98)
n f

where the last term of (B.97) has been put in the second part of the last term of

(B.98). Let’s now look at the two possible spin cases.
Case 1: 1] = 88, fm = aa

LHS: ZZ U}(m ((LfllIm)papa + (Im||1]) papa) ZU}(lﬂfﬂ
m

o

RHS: — |>_(Im|lIm)¥opa — ZS,’ﬁn(ll"Im)ﬁaﬁa]
ml

m

Case 2: 11 = 33, en = 343

LHS: E (=U%) Plar + E %fre + ZZ ((LellIn)pppp + (1n||Ie)pppp)

B B
RHS: — | =Y SE5fur+ 3 _(InllIn)}pss — Z a(lol|In)gpps + k1)
(B.99)
We now need to take the spin-orbital basis expressions for each of the ROHF

conditions (each of the cases given by (B.93), (B.96), and (B.99)) and put them in
the general CPHF form.
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The general form of the CPHF equations are

AaaaaUgfa + AaaﬁﬁUgg = Baa (BIOO)

AppssUss + AppaaUY, = Bpp (B.101)

Now let’s factor (B.93) so it resembles equations (B.100) and (B.101). Using cases

1 and 2 of (B.93) we can construct a piece similar to (B.100).

Y (=Uknlfmn) + DU far| + ZZ}: Um (AflIm) + (Am|1f)) +
m j m
ZZ ((AellIn) + (An||Ie))
a a a 8
= =Rl + ) Skn it = 2o (Am||[Im)* 4+ 3 Sy (Al Im) — 3 (An||In)X
m m ml n

Z < (Ao||In) (B.102)

Using cases 3 and 4 of (B.93), we get a piece similar to (B.101).

g
Z( Uln f"’) +Z IfAe +ZZ ((AellIn) + (An||Ie)) +
y > U (AT + (Am 1)

B B
= B+ XSS fur — Y (An]In)x +Z (AollIn) — 3_(Am]| Im)* +

n m

3 SX (All|Tm) (B.103)

mi
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Factoring (B.96) in a similar fashion yields

i(—Uﬁm“me;U}‘ffM + YU ((Af(1im) + (Aml|1)) +
m m j

g
Z Z ({Aellin) + (An||le)) + 3 (~U3,°fna)

a

a B
= —Bh ot S — L Amllm + 3 Sh(Allm) = 3 {Anfin)

mi

Z < (Aol|1n) (B.104)

Factoring (B.99) in this way yields

B
> (- Ulnﬁfn1)+Z XPfe +22 ((1ef|In) + (1n||Ie)) +

o
-

2 Uk ((1flIm) + (1m||1f)) +ZU Cfsn
7

m

a

8 B
= —hf+ Y SEPfar = Y _(1n]|In)x E {lof|In) = > (1m||Im)* +

m

> S (U||Im) (B.105)
ml

In the programs, we can easily calculate the full a and § blocks. The separation
of the 1-space from a and f in the proper fashion is needed, but not for calculating

the values. Looking at the LHS only, we have the following a pieces from equations

(B.102) and (B.104):

S (< U) *font + S UFfu| + 3 Y UR, ((Afllm) + (Amil 1)) +
m m j
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[i (=UZm) “fm1 + Zf: U}‘l"fu] + Za: X!: Ufm ({(Afll1m) + (Am|[1m))
(B.106)

Combining both these terms to cover the full o space, we get

2

[Za: "fm=+ZU}“"faf] +ZZU;,., (afllim) + (am|lif))  (B.107)

m

To get the proper form for the A matrix in the CPHF equations, we need to be

able to factor the UX’s from each term. Doing this to (B.107) yields

[i 5 (~UF) o+ > ¥ 6im ;‘m"faf] £y % U (e lim) + amlif)

(B.108)
Y22 [8asfmi + 6im®fag + (afllim) + (aml|lif)] US, (B.109)
m f
The general A matrix element for this spin case is therefore
Asifm = —bas fas + bim°fas + (aflim) + (am||if) (B.110)

Let’s now look at the case for the LHS for 88838. This takes the 3 terms from
equations (B.103) and (B.105):

[ 8
o (=UR) far + UK Ac]+EEU" (Ae||In) + (An]|Ie)) +

[ 5
d_(=U) f.,1+Z 13]+Z§j ((1e||In) + (An|j1e)) (B.111)




Combining these pieces to cover the full 8 space gives

B
[Z —UX)Pfas + D UXP ae} +EZUZ‘_ (ae||zn) + (anljze)) (B.112)

Once again, we need to factor UX’s out to yield the form for the CPHF A matrix

n € n [

B g 8
[Z Y b (—UXK) far + 3 UK 66] +>° > ((aelfwm) + (an|fze))

(B.113)
A
D3 [—beafar + 65faz + (aliin) + (an|jze)| UX (B.114)
The general A matrix element for this spin case is therefore
Agien = —6e"fri + 6Pz + (a€||th) + (an||z) (B.115)

We now need the cross terms, with respect to spin. The 3 parts of equations

(B.102) and (B.104) for the LHS give us afaf:

EZ ((Ae||In) + (An||Ie)) +ZZ ((Ae||In) + (An||Ie))

[¢]
+ 3 (=1%) fan (B.116)

Combining these pieces gives us

8
ZZ 5 ((agllin) + (anflie)) + 32 (=UT,) *fan (B.117)




We need to deal with the last term of the previous equation. Since the first

ROHF condition (equation (B.1)) is *f4; +?fa; = 0, then ®far = —Pf4;. Making this

substitution gives

B

> (=UE) (<*fua)

n

Continuing with the UX factorization gives

8
ZZ ((aellint) + (anllie)) + 3 Y 6a U fra

Recognizing that 1 is occupied for a, the last equation becomes

8
ZZU-- (aéljin) + (an||ze)) +EZ5C,U" -
B
223 [(aellin) + (anllie) + 6efr) U2

The general A matrix element for this spin case is therefore

Asien = (a&]lin) + (ani€) + 8a°fsa

The last spin case comes from the a parts of equations (B.103) and (B.105):

iif:vfm (AfllIm) + (AmIIIf))+Xa:Zf:U}‘m((1fIIIm)+(1mIIIf))

+> UNf
f

Combining terms is this equation yields

125

(B.118)

(B.119)

(B.120)

(B.121)

(B.122)

(B.123)
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XGIZ} ' ((@fllzm) + (aml[zf)) +Z P (B.124)

Continuing with the UX factorization gives

S S UK (@fllom) + @mllif)) + 3 3 Uk (B.125)
m m ¥

Recognizing that 1 for 3 is unoccupied, the last equation becomes

YUK, (@@flim) + @mllif) + 3 Y 6mslUS s (B.126)
m f m f

iZ[afllzm + (am|jzf(+6ma ff,] (B.127)
m f

This gives the general A4 matrix element for this spin case as

Asijm = (@flm) + (@mllef) + 6naf: (B.128)

The various A matrix elements are

Asigm = (afllim) + (aml|[if) + 6im®fas — basfmi

Asizn = (ae|[zn) + (anlze) + 6?ﬁﬁf6€ - 6E&ﬁfﬁi

Asisn = (aél|int) + (an]|i€) + 6:°faa

Asipm = (afllim) + (amlfif) + 6na"fss (B.129)
Since the spin of the Fock matrices is accounted for by being either a or 8 Fock

matrices, the spin on the label is superfluous. We can therefore write the A matrices

in an understandable form as follows (and now using only one set of labels):




acoo
aiem

Aﬁﬁﬁﬁ

atem

Aaaﬁﬁ

atem

Aﬁﬁaa

aiem

127
(ae||tm) + (am||ie) + bimfae — bae™fimi
(ae“zm) + (am”ze) + 6imﬁfac - 6aermi
(aellim) + (am||ie) + bei’fam
(aellim) + (am)|ie) + Sma’fei (B.130)
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